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Abstract

Complete one-loop results for the decay widths of neutral Higgs
bosons (h,) into lighter neutral Higgs bosons (hy, h.) are presented for
the MSSM with complex parameters. The results are obtained in the
Feynman-diagrammatic approach, taking into account the full depen-
dence on the spectrum of supersymmetric particles and all complex
phases of the supersymmetric parameters. The genuine triple-Higgs
vertex contributions are supplemented with two-loop propagator-type
corrections, yielding the currently most precise prediction for this class
of processes. The genuine vertex corrections turn out to be very im-
portant, yielding a large increase of the decay width compared to a
prediction based on the tree-level vertex. Omne-loop propagator-type
mixing between neutral Higgs bosons and Goldstone and Z bosons is
also consistently taken into account. Complete one-loop results for the
decay of a neutral Higgs boson into fermions are also presented, which
include the full dependence on complex phases. The new results are
used to analyse the impact of the experimental limits from the LEP
Higgs searches on the parameter space with a very light MSSM Higgs
boson. It is found that a significant part of the parameter space of
the CPX benchmark scenario exists where channels involving the decay
hs — hih; have the highest search sensitivity, and the existence of an
unexcluded region with M}, ~ 45 GeV is confirmed. The public code
HiggsBounds is also presented, which can be used in conjunction with
models with an arbitrary number of neutral Higgs bosons to determine
whether parameter points have been excluded at the 95% CL by the
LEP and Tevatron Higgs searches.
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Preface

Today marked the beginning of a new era in particle physics. At 09.28 BST, amid a
veritable media frenzy?!, the first proton beam was fired the entire way round the 27km
underground tunnel at CERN, Geneva. This milestone was celebrated across the world
as the ‘switching on’ of the next great particle physics experiment, the Large Hadron
Collider.

The LHC will allow the exploration of a very high energy regime, which humans
have so far been unable to investigate in controlled conditions. Most scientists believe
this regime to be populated with particles holding the clues to crucial questions about
the nature of the universe at a fundamental level. One of the key tasks of the LHC
experiment will be to attempt to track down the ‘Higgs boson’, a hypothetical particle
which forms a cornerstone of almost all our current theories. If its existence is confirmed,
the Higgs boson will provide the answer to one of the biggest questions in particle physics:

how elementary particles get their mass.

Against such a backdrop, it may seem strange to be submitting a thesis that focusses
particularly on the unsuccessful Higgs searches carried out by the previous occupier of
the tunnel at CERN, the Large Electron-Postiron collider (LEP). However, the very
fact that a Higgs boson was not discovered by LEP plays a vital role in narrowing down
its possible characteristics. In particular, the LEP results give us a lower limit on the
mass of the Higgs boson, which varies depending on which of the many particle physics
models you believe in. This lower limit was particularly low for the Complex Minimal
Supersymmetric Standard Model, since Higgs bosons described by this theory can be
trickier to produce in colliders. In this thesis, we focus on the behaviour of these types
of Higgs bosons and, in particular, how they would interact with eachother, and we
investigate how our predictions affect the interpretation of the results from LEP. We
hope to shed further light on which types of Higgs bosons have already been ruled out
by past experiments - thus contributing to the effort to provide a clear path forward for

the Higgs searches at the LHC and its successors.

K.W., 10th September 2008, Durham, UK.

!'Depending on who you listen to, the LHC is either ”the greatest scientific endeavour since the Apollo
moon landings” or a ”Doomsday machine” capable of producing Earth-destroying black holes.
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Chapter 1

Introduction

1.1 The Standard Model and Electroweak
Symmetry Breaking

The Standard Model (SM) of particle physics has been hugely successful at describing

experimental results collected at particle colliders during the last thirty years.

The model is a combination of some of the greatest achievements in theoretical
physics in the last half century. Firstly, it uses Glashow-Weinberg-Salam electroweak
theory, which was developed in the 1960s to describe electromagnetic and weak interac-
tions between quarks and leptons [1-3]. Secondly, it includes Quantum Chromodynamics
(QCD), which emerged in the 1970s to describe strong interactions between quarks [4-9].
Spontaneous electroweak symmetry breaking is required to preserve local gauge invari-
ance and generate particle masses. This is achieved by including a scalar doublet field
with non-zero vacuum expectation value [10-14]. As a result, the theory predicts the

existence of an additional scalar particle, called the Higgs boson.

Almost all facets of the Standard Model have been thoroughly investigated at collider
experiments [15,16]. However, we are yet to find any direct evidence of the existence of
a Higgs particle. The LEP experiment was able to put a lower limit on the mass of a
Standard Model-like Higgs boson of 114.4 GeV at the 95% confidence level [17]. Higgs
searches are currently being carried out at the Tevatron [18]. If a Standard Model-like
Higgs boson exist, it will be seen at the Large Hadron Collider [19], which is about to

commence operation.
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1.2 Supersymmetry

Although the Standard Model has been very successful at explaining phenomena at
current collider experiments, there is a prevalent belief throughout the particle physics
community that the SM is a low energy effective theory. There is huge speculation about
the prospect of a more fundamental theory. In particular, it is hoped that we will one
day have a ‘Theory of Everything’ (TOE) which will describe all four forces of nature —

electromagnetic, weak, strong and gravity.

In addition, Cosmologists have amassed a lot of evidence (such as the shape of galaxy
rotation curves and results from weak lensing) which could indicate that most of the
mass in the universe is composed of non-relativistic, weakly interacting particles (see [20]

for a review). The Standard Model does not contain a candidate for this particle.

The Standard Model also suffers from what is known as the hierarchy problem. When
the 1-loop fermion corrections to the Higgs particle are calculated in the Standard Model,
the result contains a quadratic divergence. This can be renormalised away, but it is still
necessary to do a great deal of fine-tuning to get the 1-loop contributions to the mass to
approximately cancel, leaving a Higgs mass at the weak scale, rather than the unification
scale (GUT scale).

Supersymmetry (SUSY) is a very popular and widely researched extension to the
Standard Model (for a general introduction, see [21,22]). Although it is only one step
along the road to a TOE, supersymmetry emerges naturally in superstring theory, which
is an attempt to incorporate gravity in to a quantum field theory. It is the only non-

trivial extension of the Poincaré group [23].

Supersymmetry is a symmetry between fermions and bosons. It provides a neat
solution to the problem of quadratic divergences because it predicts that every known
particle has a partner which we have not yet observed. Loops involving these particles

cancel the quadratic divergences from the Standard Model particles.

However, if supersymmetry was an exact symmetry of Nature, particles and their
‘superpartners’ would have the same mass, and therefore the superpartners should have
been observed in collider experiments. Therefore, if SUSY applies to Nature, it must
exist as a broken symmetry. Fortunately, it is possible to break SUSY such that the
quadratic divergences still cancel (SUSY is broken ‘softly’).
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Realistic softly broken supersymmetric theories (such as the Minimal Supersymmetric
Standard Model (MSSM), which will be used in this thesis) have the desirable effect of
unifying the gauge couplings at high energies, which is required for unified theories. This

does not occur in the Standard Model.

Most realistic theories also impose R-parity, in order to prevent rapid decay of the
proton. As a result, sparticles are prevented from decaying into purely Standard Model
particles. Therefore the lightest supersymmetric particle is stable, providing an excellent

dark matter candidate.

Of course, a fundamentally important prediction of supersymmetric theories is the
existence of superpartners for each known Standard Model particle. One of the main
aims of the Large Hadron Collider will be to search for these superparticles. In addition,
supersymmetric theories also require the existence of more than one Higgs boson, which

leads to a wide range of interesting phenomenological consequences.

One example is the ability of the MSSM to evade the LEP restrictions on a Standard
Model-like Higgs mass in scenarios containing significant CP violation. In particular,

LEP was unable to exclude the possibility that a neutral Higgs boson exists with a mass
of ~ 40 GeV [24].

The CP transformation is a combination of charge conjugation C and parity P. In
the Standard Model, C and P are conserved separately in strong and electroweak inter-
actions, whereas weak interactions violate C and P separately. Apart from in rare cases,
the combination CP is conserved in weak interactions. CP violation was first observed
in the neutral kaon system in 1964 [25]. It has also been observed in neutral B meson
decays with the BABAR [26] and Belle [27] detectors and can occur in the neutrino mass

matrix.

The existence of CP violation is one of the three Sakharov conditions for baryosyn-
thesis, and is therefore required to explain the fact that the observable universe appears
to be composed of vastly more matter than antimatter (as discussed in [28]). However,
the Standard Model on its own does not contain enough CP violation to explain the
matter-antimatter asymmetry we observe, making extensions to the Standard Model

which incorporate new sources of CP violation very attractive.

This thesis will cover a range of topics which are useful for carrying out a more
detailed investigation into the region of the CP-violating MSSM parameter space that
can not be excluded by current Higgs search results. Although this is the unifying theme
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of the thesis, many of the topics will have much wider applications. In particular, we will
calculate full 1-loop vertex corrections to the Higgs cascade decay in the CP-violating
MSSM and combine these with propagator corrections, to obtain the currently most
precise prediction for this class of processes. Investigating this decay at future colliders
will give us access to the triple Higgs vertex, which is an important line of enquiry if we
are to confirm our description of electroweak symmetry breaking. We will then examine
the LEP Higgs exclusion regions in the CP-violating MSSM in the context of the new

Higgs sector results.

1.3 Thesis Outline

We will begin by a detailed description of the various elements of the MSSM with
complex parameters (which can cause CP violation) which will be most relevant to this

thesis and thereby fix the notation.

Chapter 3 will discuss the renormalisation of the complex MSSM and derive any
counter-terms we require which are not available in the literature. We will also discuss

differences between parameters as defined in different renormalisation schemes.

In the following chapter, we will outline the method used in this thesis to calculate
the neutral Higgs masses. We will also introduce a pictorial representation of the Higgs
sector mixing and discuss the way that propagator corrections can be incorporated in

calculations involving an external Higgs boson.

In Chapter 5, we provide a brief introduction to some of the features of Standard
Model and SUSY QCD which we will require when calculating the Higgs to b-quark
decay width, which we have extended to apply to the complex MSSM.

Chapter 6 will discuss the Higgs cascade decay width. We calculate full 1-loop gen-
uine vertex corrections with full phase dependence and combine these with propagator

corrections.

We calculate the full electroweak 1-loop genuine vertex corrections to Higgs to b-
quark decay in Chapter 7, again with full phase dependence. These are combined with
propagator, QED, SM and SUSY QCD corrections. Similarly, we calculate the genuine
vertex corrections to the Higgs to tau-lepton decay width and combine this with QED

and propagator corrections.
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The numerical effect of these new decay widths on the neutral Higgs branching ratio

will be investigated in Chapter 8.

In Chapter 9, we review the results of the LEP Higgs searches for the CP-violating
MSSM benchmark scenario, the CPX scenario. We investigate the effect of our new
Higgs branching ratios on the LEP exclusions in the CPX scenario. In addition, we
examine the effect of new advances in the calculation of the Higgs self-energies which

have been made since the original LEP Higgs Working Group analysis.

In order to facilitate the use of LEP results in conjunction with new Higgs sector
results, we have created a new fortran program, HiggsBounds [29], which we discuss in
Chapter 10. In particular, we outline the new features which were added in order to

extend this program to use results from the Tevatron Higgs searches.

In Chapter 11 we conclude.



Chapter 2

The Complex MSSM

2.1 Introduction

The Minimal Supersymmetric Standard Model (MSSM) is the simplest realistic super-
symmetric extension of the Standard Model. It makes no assumption about the soft
SUSY breaking mechanism and introduces the minimum number of new particles. It
requires two Higgs doublets, with opposite hypercharge. R-parity is imposed, which
means that the Lightest Supersymmetric Particle (LSP) is stable and a viable Dark
Matter candidate. Since the model was first proposed, it has been discovered that it

features the unification of coupling constants at high energies [30].

Table 2.1 shows the superfields and the particle content of the MSSM. Many of
these particles are not physical eigenstates in themselves, but will mix to form physical

eigenstates, as given in Table 2.1.

The general structure of the MSSM Lagrangian is
'CMSSM = ‘Csuperpot. + ‘Ckin. + Esoft + ‘Cgauge fix ‘Cghost- (21)

The term Lgyperpot. involves the superpotential. It contains mass terms and interaction
terms, including the Yukawa couplings. Ly, contain kinetic terms. Ly contains the
SUSY breaking terms, including scalar mass terms, trilinear scalar interactions and
gaugino mass terms, with a total of over 100 free parameters. Lgaugesix contains the
gauge fixing terms and Lo involves the Fadeev-Popov ghosts. Unless otherwise stated,

all calculations will be done in the Feynman gauge ({4 = &w =&z = &6 = 1).
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superfield (SU(3),SU(2),U(1)) 2HDM particle SUSY partner

Q (3, 2, é) he quarks ur squarks
dL dL

D (3%, 1, 2) % dly

L (1,2, —1) (VL> leptons (?) sleptons
er, €r

E (1,1, 2) ¢S ek

) H a

H, (1,2, —1) M Higgs bosons “™]  Higgsinos
Hyo Hi,

5 H H

H2 (17 27 1) 2 "21
Ho Hyy

1% (1, 3,0) W,  W,-boson W?  winos

B (1,1, 0) B,  B,-boson B°  binos

G, (8,1, 0) Ja gluons Ja gluinos

Table 2.1: MSSM superfields and particle content

Physical Particles arising from
SM-like fermions fo, f g -
gluons Ja -
gluinos Ga -
neutral gauge bosons Z,, A, Wﬁ’, By, Hyy, Hao
charged gauge bosons let W;, Wi , Hia, Hoy
neutral Higgs bosons h, H, A Hi, Hy
charged Higgs bosons H* Hiy, Hy
sfermions f1, fo fr. ﬁz
neutralinos XY, X9, X5, X% W3, BO, lffll, Ha
charginos Xf, Xgi Wl, Wz’ lfflz, H21

Table 2.2: Physical particles in the MSSM, some of which are created from mixes of particles
shown in Table 2.1

In the following sections, we will look at parts of the Lagrangian in more detail, in

order to fix the notation and derive the tree level masses and couplings which will be
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particularly important in the later chapters. The notation will closely follow that used
in [31]. We also discuss some of the important phenomenological aspects of the theory

and introduce a commonly used scenario in the complex MSSM — the CPX scenario.

2.2 The Neutral Higgs Sector

In the MSSM, the Higgs potential is

L = —Vy (2.2)
= LY+ L7+ L0, (2.3)

E;H and EEH are found by substituting for the auxiliary F and D fields in Lgyperpot. and
Liin. - E;fﬁt contains the soft SUSY-breaking terms

E;ﬁfﬁ = —miH{Hy; — iy Hy Hy; + €7 (mszliH%' + m%ZHﬂ-Hﬁkj) : (2.4)
Therefore,
+ +(91 + 93) (Hy;Hy — HyHo)? + 395 | Hy Hai, (2.5)

where m? = m2+|pu|*,m2 = m3+|u|?, thus depending on soft SUSY breaking parameters
and the higgsino mass parameter u. m?, is also a soft SUSY breaking parameter, g; =
e/cw and gy = e/sy are the U(1) and SU(2) coupling constants and €'? = 1. ¢, = cosfy,

and s,, = sinfly,, where 6y is the weak mixing angle. The Higgs doublets are of the form

Hyy vy + %(@51 —ix1)
Hiyy -7
H +
Hy= | '] = 1 2 | : (2.6)
Hy vy + ﬁ(@ +ix2)

where v; and vy are the vacuum expectation values. We define tan = vs /vy.

There is no CP violation in the Higgs sector at lowest order since any phase depen-

dence can be rotated away, as discussed in [31]. In addition, the doublet Hs may also
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have a complex phase dependence, which can also be rotated away and thus we do not
include it explicitly in equation (2.6). The tree level neutral mass eigenstates h, H, A, G

are related to the tree level neutral fields ¢1, ¢o, X1, X2 through a unitary matrix,

h —sina  cos« 0 0 01
H cosa  sina 0 0
- | , (2.7)
A 0 0 —sin 3, cos [, X1
G 0 0 cos 3, sin 3, X2

where we can see that the CP-even eigenstates ¢, ¢o do not mix with the CP-odd
eigenstates x1, x2. Unless otherwise stated, h, H, A,G will always represent tree level

neutral fields throughout this thesis.

Expanding equation (2.5) gives the mass terms explicitly, as given in [31]. At tree
level, the off-diagonal mass terms must vanish, leading to the condition (3, = . (How-
ever, note that, in the scheme we are using, [ = arctan(vy/v1) is renormalised but (3,
is not. Therefore, it is necessary to distinguish between [ and (3, when performing the

renormalisation). This leads to the expressions for the tree level neutral Higgs masses,

1
mhy = 3 (mi + M F \/(m?4 + M2)? — 4m* M% cos? 26) , (2.8)
my = my. — My, (2.9)

or, equivalently,

mi: = —M3cos 2ﬁ22§;%§§, (2.10)
m3 = M3 cos2ﬁ%, (2.11)
my = —Mﬁw. (2.12)
This also leads to an expression for the tree level mixing angle «,
tan2a = tan Qﬁmi + My (2.13)

2 2
m45 — M7

with —g < a<0.
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To specify the Higgs sector, it is necessary to give the values of two parameters —
often tan # and one of the Higgs masses. In the real MSSM, CP is conserved and it is
usual to take m, as one of the input parameters. However, in the complex MSSM, A
mixes with the states h, H at 1-loop and above. Therefore, it is usual to take my+ as

the input parameter in the complex MSSM.

Expanding equation (2.5) also leads to the triple neutral Higgs couplings h;h;hy

(where h;h;hy, is some combination of h, H, A). These are given in Table 3.2.

2.3 Quark Sector

We require expressions for the quark masses and quark-Higgs interactions. In this sec-
tion, we are following the procedure and conventions used in [32]. These are obtained

from a term in the superpotential
Louperpor, € F%—Mmﬁﬁmwﬂngbﬂ%+m% (2.14)

where €2 = 1 and 0 are Grassmann variables with 60 = 6%0,,. Discarding the parts of
the superfields which do not contribute to the quark masses and quark-Higgs interactions

leaves

qu’hiqq = — [(t95t9ﬂ) <>\dH11 (dL)a (dg)a + )\uHQQ (uL)a (ug)a)}% + h.c.
= —AgHui (dp)® (d%) = AuHa (ur)™ (uf) , + hec., (2.15)

where (ur), ,(dL), (ug)a, (d%)a are Weyl spinors. These are related to the Dirac

spinors u, d by

1= (097 T) d= (@) @) 216)
Therefore, we can rewrite L9997 as

Lahiaa — N\ Hyydd — M\, Hop . (2.17)
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Substituting for Hyy, Hao gives the quark masses m, = A\,v3 and my = A\gqv; and the
couplings of the Higgs to the quarks as given in Table 3.3 and Table 3.4. Recall that,
at tree level, 3 = (,. However, we kept the (3, dependence in these couplings since this

information is needed during the renormalisation procedure.

We can also define left-handed and right-handed Dirac spinors, using the projection

operators wy = % (1+7s),

qr = w-gq, dr = W414q, (2-18)
qr = qwy, Gr=quw-. (2.19)

We can therefore rewrite L1999 a5

La0hiaq — —)\dHH(JRdL + JLdR) - )\qug(ﬂRuL + ﬂLuR). (220)

2.4 Squark Sector

Again, in this section, we are following the procedure and conventions used by [32].
Eliminating the auxiliary fields from Lgsyperpot., Lkin., collecting the squark mass terms

and adding the soft-breaking terms
pimss g (a}aL + CZTLJL) — M2, dla — M2 dld, (2.21)

— ()\uAu’UQﬁLﬁE + AdAdvldLJE + hC) (222)

leads to the squark mass matrix

Lo (M M cos28(1 - Q5% mg Xg (2.23)
q— 7 |
my Xq MfIZR + mi + M% COS 26@‘183"
where
[’q~mass — (q’z q’k) ,Mq. qL ’ (224)
dr

X, = A,— p*{cot 3, tan 3}. (2.25)
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and cot § or tan 3 applies to u-type or d-type quarks respectively. The eigenvalues of
equation (2.25) are

1
md, = m2 4 [M,‘fj + M2+ IIM2cos 28 (2.26)

q1,2

F \JIMZ — M2, + M3 cos 28(I§ — 20,53)]? + 4m2| X, 2 ] . (2.27)

In the complex MSSM, the trilinear coupling A, and the higgsino mass parameter
it can have non-zero complex phases. The mass matrix M; can be diagonalised by the

matrix Uy, where
= Ufi s where Uq = > (228)

and ¢ is real, s5 is complex and ¢ 4 |s4/* = 1. They are given by

\/Mg +m2 + M7 cos 268(1§ — Qqs%) — m3,

¢ , (2.29)
2 9
Mg, — Mg,
X*
5 T (2.30)

i~ '
\/Mg + M7 cos 261§ — Qq5%) +m2 — mg, \/m?}1 —mg,

The relation (m2, —m3,) czsq = my X is often useful when simplifying amplitudes.

2.5 Higgs kinetic terms in the Lagrangian

Expanding L, gives a term

Lin € (DM (D"Hy) + (D,/Ha)' (D*H,), (2.31)
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where
wi Wk,
pr o= 91 +z’2i S ) 4iSvpm, (2.32)
swo we ew
1
wht = — (Wl F«Wh), 2.33
+ \/5( i FiWy) ( )
Wi = ewZ" + sw A", (2.34)
Bt = —Swzu—l—CWAM, (235)

and the hypercharge Y is -1 for the Higgs doublet ‘H; and 1 for the Higgs doublet H,
as in Table 2.1. (Note that in the Standard Model, often the sine of the weak mixing

angle, sy, by convention, has the opposite sign).

This leads to the expressions for the Z and W boson masses as used in [31],

) e [ 1 1 5 o
My = =5+ (i+4), (2.36)
2 \cy Sy
2 1 e? 2 2
2 sy

2.6 Gluino sector

In this section we follow the method and conventions given in [32]. The coefficient of

the gluino mass term in the Lagrangian M3, is, in general, complex with

Mz = | Ms|e"®Ms. (2.38)

However, the phase ¢, can be absorbed into the gluino fields, such that mass of the
gluino becomes my = |Mj]| [33]. This has implications for the gluino couplings. We will

particularly be interested in the quark-squark-gluino coupling, which is found from

P M-

~a a —i% a 11— ~ %
Lig = § <_\/§98Tjk (Ud)me 23W—+\/§gsTjk(Uq~)n2€ 23w+) qk% (2.39)

Mg Mg

+ qk (\/igsT,?j (Ug)n2 e w_ — \/§gsTlgj (Ug)m 622“4) ga(ﬁa (2.40)

where n = 1,2 are sfermion indices, g; is the strong coupling constant and T* are

generators of SU(3).
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2.7 Chargino and Neutralino sectors

We mention these sectors very briefly in order to fix the notation and we follow the

conventions used in [31]. We will use the chargino mass matrix

M V/2sin 6 M
Mchargino = ? 6 v s (241)

V2 cos 3 My, 0

which includes the soft SUSY-breaking term Ms,, which can be complex in the CP-
violating MSSM.

We will use the neutralino mass matrix

M, 0 —My sy cos3 My sysin 3
0 M- Mz ¢y, cos My ¢, sin
Mneutralino - ? 7 ﬁ 7 ﬁ ) (242)
—My sy cos3  Mycycos 0 —
My sysinf3 My cy, sinf3 — 0

which includes the soft SUSY-breaking term M;, which can be complex in the CP-
violating MSSM.

2.8 Phenomenology and the CPX scenario

CP violation in the MSSM has a number of important phenomenological consequences.
As we will see, CP phases in the loop corrections to the Higgs particles will have a large
effect on their masses [31,34, 35] and cause them to have a mixed CP state. This will
also affect the coupling of the Higgs particles to fermions, Z bosons and W bosons [36].
One important consequence is a reduction in the coupling of the lightest neutral Higgs
to two Z bosons, which makes this scenario more difficult to detect at LEP [37].

Throughout this thesis, we will frequently perform calculations in the CPX scenario,

which, for our purposes, we define as

The CPX scenario

e m; = 172.6 GeV
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MSUSY =500 GGV(: ML = MfiR)

1= 2000 GeV

|M;| = 1000 GeV

My = 200 GeV

| A7y = 900 GeV

qut,b = ¢M5 = g

Mp+ <1000 GeV

We also use the GUT relation M; = %%Mg, as described in [38].

w

Using this particular scenario as an example has some significant advantages. Firstly,
the trilinear couplings and Mj are entirely complex, thus inducing a large amount of
CP violation. This scenario is therefore useful as a generic example of a CP-violating

scenario.

The second advantage is that this scenario is phenomenologically extremely inter-
esting. It was originally proposed by [39] (although their definition differs slightly from
that described above) in order to provide a framework for discussing the significant effect
that CP violation has on the interpretation of direct searches for Higgs bosons, such as
those at LEP.

Although a Higgs boson was not discovered at LEP, it did produce significant re-
strictions on the allowed MSSM parameter space. The results from the four LEP collab-
orations — ALEPH, DELPHI L3 and OPAL — were combined and applied to a number
of MSSM benchmark scenarios [24] by the LEP Higgs Working Group. In the CPX
scenario, their results show an unexcluded region at 30 GeV S M, < 50 GeV and
3 < tan8 S 10. We will be examining this unexcluded region in more detail in future
chapters and therefore it is convenient to use the CPX scenario as an example in earlier

chapters in order to get an idea of its characteristics.

It should be noted that our scenario differs from that used in [24] in two main ways.
Firstly, we use the top mass as reported in [40], whereas the original analysis mainly
used the then current value of 174.3 GeV. Secondly, we use an on-shell definition of the
trilinear coupling A, which is the natural choice for a Feynman-diagrammatic calculation.
The original analysis defined the trilinear coupling according to the DR renormalisation

scheme and used a value of |AP?| = 1000 GeV. We will describe these schemes in
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Chapter 3.3.1 and discuss a way to convert between the different parameter definitions
in Chapter 3.4.

We note that there are constraints on the CP phases in the complex MSSM from
experimental measured upper limits, such as those on the electron and neutron electric
dipole moments (EDMs). These provide particularly significant constraints on the CP
phases in the first two generations. However, these can be avoided if the masses of the
first two generation of squarks are above the TeV scale or if cancellations are arranged
between various EDM loop corrections. The EDM limits also constrain the third genera-
tion, although, once again, cancellation between different contributions can be arranged

(see [37] and references therein for a more detailed discussion).

2.9 Summary

In its general form, the Minimal Supersymmetric Model allows some parameters to be
complex. As we have discussed, this includes the trilinear couplings Ay, the Higgsino
mass parameter p, the gluino mass parameter M3 and the soft SUSY breaking parame-
ters My and M, from the neutralino/chargino sector and we note that some phases can
be rotated away and thus are not physical. All the tree level couplings of the MSSM
are implemented in model files distributed with the program FeynArts [41-43], which
we have used frequently when producing the results described in this thesis. However,
we use a different definition for the quark-squark-gluino coupling, and thus alter the
FeynArts model file accordingly. We have discussed some of the phenomenological im-
plications of the CP violation and defined the CPX scenario, which we will use frequently

in later chapters.



Chapter 3

Renormalisation of the MSSM

3.1 Scalar Integrals

The tensor integrals which appear in loop calculations can be decomposed into scalar
integrals, as discussed fully in [44]. These scalar integrals contain pieces which are lin-
early, logarithmically and quadratically divergent. It is possible to analytically continue
the integrals to D = 4 — ¢ dimensions in order to perform the integration (‘dimensional
regularisation’), and then afterwards regain expressions with the original divergence in
the limit D — 4. Thus we do the substitution

/ (% - i | (gij (3.1)

in the scalar integrals, where i, is an arbitrary reference mass, which has been intro-

duced to keep the couplings dimensionless.

In general, we will use the program LoopTools [45] to evaluate these scalar loop
integrals. However, in order to calculate leading loop contributions, we will need scalar
integrals in the limit of zero external momentum. These can all be decomposed into

combinations of 1-point scalar integrals Ay, which are given by

2m ren =D 1
Ao(m2) — ( I ) /quq2_

im2 m2 + ie

= m? (A — log <mT2) + 1) + O(D — 4), (3.2)

ren

2

18
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where A contains the divergence at D = 4 and yg = 0.57721... is the Euler-Mascheroni
constant. The solution to Ay has been arrived at using the procedure outlined in detail

in [46]. Note the dependence on the mass scale fiyep.

3.2 Dimensional Regularisation and Dimensional

Reduction

Dimensional regularisation involves extending the momenta and the Dirac algebra into
D = 4—e€ dimensions. This is valuable for the Standard Model as it respects Lorentz and
gauge invariance. However, dimensional regularisation breaks supersymmetry. There-
fore, we will use dimensional reduction, in which the momentum integrals are evaluated
in D = 4 — ¢ dimensions but the Dirac algebra is performed in four dimensions (see [22]

and references therein). This is the common choice for supersymmetric calculations.

3.3 Renormalisation

3.3.1 Introduction

The divergences in the loop integrals are cancelled during the procedure of renormalisa-
tion. We denote the parameters appearing in the Lagrangian as ‘bare’ parameters. These
bare parameters are divergent and unphysical. We replace them with a finite physical

‘renormalised’ parameter plus a divergent ‘counter-term’, denoted by dp, where,

DPvare = pren+5p- (34)

Similarly, the bare fields in the Lagrangian are also replaced with renormalised fields

plus counter-terms, where,

¢bare - ¢ren(1+5zq§) (35>

The renormalised parameters and fields are fixed by the renormalisation scheme.

In the Minimal Subtraction Scheme (MS), dimensional regularisation is used and the

counter-terms simply cancel out the divergences in the loop integrals, whilst leaving the
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finite pieces alone. As we saw, the divergent pieces appear in the combination A =
5 — Ve +log(4m). The Modified Minimal Subtraction Scheme (MS) uses dimensional

regularisation and involves counter-terms which simply cancel each occurrence of A.

The Modified Dimensional Reduction scheme (DR) is similar to the MS scheme
in that the counter-terms cancel each term proportional to A. However, dimensional

reduction is used instead of dimensional regularisation.

A fourth renormalisation scheme is known as the on-shell scheme. In this scheme,
the renormalised masses correspond directly to physical masses (by ‘physical’ mass, we
mean that obtained from the real part of the pole of the propagator). The electric
charge equals that measured in the limit of low energy Compton scattering of on-shell
particles. The on-shell scheme also requires that the residues of the propagator are 1, so
that, close to its pole, each propagator has its tree level form except with the bare mass
replaced by the renormalised quantity (see [47] and references therein). Therefore, in the
on-shell scheme, renormalised parameters correspond directly to actual experimentally

measurable quantities.

Unless explicitly stated, this section discusses renormalisation at 1-loop level only.
As discussed previously, we frequently use the program FeynArts [41-43] to perform
Feynman-diagrammatic calculations. This program includes a full list of counter-terms
for couplings in the Standard Model. However, in the MSSM, it provides the couplings
at tree level. Therefore, in this section, we derive all the counter-terms we will require
and edit the FeynArts model files to include them.

3.3.2 Renormalisation of Gauge and Higgs boson sectors

Renormalisation transformations

For the W-boson and Z-boson masses, we use the renormalisation transformations

Mz — M2+ 0M3, (3.6)
M3, — MJ, + Mg, (3.7)

which lead to (recalling that cy = My, /M)

osw &, (OMZ  SM3,
Mz My

Sw 28W
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For the fields, we use the transformations

1
Wt — (1+§6ZWW)Wi, (3.9)
Z B 1+1622, L1624, | Z (3.10)
Y %5ZA/Z 1—|—%(SZ77 Y

In the Higgs sector, we choose to use one renormalisation constant for each Higgs
doublet, such that

1

Hl — (1+§5ZH1)H1, (311)
1

HQ — (1+§5ZH2)H2. (312)

This leads to the renormalisation transformation for tan 3,
1
tanff — tanf (14 otanf) =tanf3(1+ 3 (Hy — H1)). (3.13)

Note that, at this point in the calculation, we still distinguish between [ = arctan(vy/v;)
and the angle of rotation 3, (and also the angle of rotation in the charged Higgs sector).

The renormalisation only applies to (.

It will later be convenient to introduce a renormalisation condition for the Higgs

tadpoles T},, Ty and T4, so we make the transformation

T

7

— Ty + 0Ty, (3.14)

We define a set of counter-terms 0 Zp;, 0Zp,c, 0 Zaa by

V4267 Y6Zw 6Zum 167k
YZw  1+35Zuyn Y6Zua  16Zuc
Y YZua 14+ %Zun 0Zuc
Yl YZue  Y6Zag 14 %6Z0q

, (3.15)

Qx>
D T R~

which leads to expressions for 0Z,,5,, 0Zn,q, 0Zgc in terms of 0Zy,,0Zy,. The explicit
expressions are given in [31]. In particular, note that Z,4 = Zya = Zng = Zuyc = 0,

due to the fact that the Higgs sector is CP-conserving at tree level. Making the above
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substitutions in the Lagrangian and defining a set of neutral and charged mass counter-

terms
Mymac — Mpgac+ oMy mac,
5mhh (Sth 5mhA 5th
dmpg Ompgm Ompa OMmpg
where 5Mh,H,A,G = (316)

5mhA 5mHA 5mAA 5mAG
(Sth (5mHG 5mAG 5mGG

and

5mH7H+ (5me@+
Mpy=+ g+ — Mp=+ g+ + 0Mpy= g+, where Mg+ g+ = (3.17)
5mG—H+ (5mg—G+

leads to the mass counter-terms given in Table 3.1. The counter-terms (5mhih]., IMmp,cs

dmeaag, Omy-g+, dmg- g+, dmg-g+ are also given by [31].

Renormalised Self Energies

We use the relations

JTPNY oV
L (p) = ST (—gwpf)—pf L (), (3.18)
p p

Yov(P) = P'Ssv(p’) (3.19)

to express the gauge boson self-energies in terms of the transverse and longitudinal
components (where p is the momentum of the incoming scalar or vector particle) and

to isolate the p* dependence in the Higgs to gauge boson mixing self-energies. The
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renormalised self-energies are given by

ZAlhzh]- (p*) = Yhih; (p*) + 0 Znn, (p? g(mi +m3 )
2.6(0?) = Ena(p?) + 0 Zna(p® — %mi) — omj
2.2(p?) = Sniz(p7) — 0mi, 4,
Yec(p?) = Saa(p?) + 0 Zaap® — mig,
Saz(0") = Laz(p?) — om,
S+ (P?) = S+ (02) + 6 Zy- g+ (PP — m¥ys) — oms,
Su-ar(p?) = Syu-ar (p7) + 6 Zg-a+ (p* — Imie) = omy e,
Sg-w+(p?) = Sp-w+ () — omi o,
2G—H+ (p2) = ZA]?J*C& (p2),
Se-c+(p%) = Se-c+ (p%) + 6 Zg-g+p* — dmis,
Se-w+(p?) = Sa-w+ (p?) — Imi_yye,
ivhi (p2) =0,
2,6(0°) = Taa(p?) — oml,
S, 07) = S1,07) + 0+ (o - M),
S, (0) = T ) - M2,
iigz(ﬁ) = Egz(pQ) + (p2 - M%)(SZZZ - 5M§,
S5,0%) = S5,(0°) — M36Z24 — SM,
St (07) = Eh e 0%) + (0F — ME)0 Zyw — OME,
Sh-w+ (%) = Slimw (0%) — M6 Zww — 5My.

Renormalisation Conditions

We now fix the counter-terms by setting the renormalisation conditions.

We renor-

malise the Z-boson, W-boson and charged Higgs masses on-shell. We would like the

renormalised mass parameters to be equivalent to the physical masses, which is equiva-

lent to setting the renormalised mass parameter squared to be the pole of the propagator.

Thus, the Z-boson, W-boson and charged Higgs renormalised transverse self-energies in
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2

ren’?

equation (3.20) must vanish at ¢ = m?2,_, leading to the mass counter-terms

0M; = ReZy,(Mj), (3:21)
OMg; = ReSfyw (M), (3.22)
SM?%. = ReXys(M3.), (3.23)

where the prefix Re means that the imaginary parts of the loop integrals are discarded.

We fix the tadpole counter-term by requiring that the renormalised tadpoles vanish,
such that

5Ty, = —Th, (3.24)

This is convenient as it means that diagrams involving renormalised tadpoles will not

need to be considered in calculations.

We renormalise the gauge boson fields on-shell, such that the renormalised self-energy
and renormalised self-energy differentiated with respect to p? (which we denote ¥')

vanish. This leads to the conditions

§Zvy = —ReX,, (3.25)
Rex?, (M2)
62, = —2— 22720 (3.26)
Y M%
2 7(0)
62, = 29227 (3.27)
ol M%

However, for the renormalisation of the Higgs fields, we choose to follow [31] and use
the DR scheme, such that

0z, = — |Res,] " (3.28)

— div
80, = —[Rez;2¢2] , (3.29)

where ‘div’ indicates that we have just kept the terms proportional to A, as defined in
equation (3.3). This choice has been shown to yield numerically stable results in [48-50].
We also need to fix the renormalisation scale for 674, ,023,, which we choose to be

fren = My, as in [31].
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XY dmiy
AA dm3. — SM,
hh omyech_g — OMycl_g+ 0M3s?,
+dtans sges(m?428a—sCa—p + 2ME2Sat5Cats)
+2Mstcw(5THca ﬁsa ﬁ+5Th$0& 5(1+Ca IB))
hH Om2 i Sa—pCa—p — OMP Sa—pgCa—p — OM%Sat3Cats
+72Mzswcw (6TH3a 8 5Th0a ﬁ>
_5tanﬁ Sﬁcﬁ(mA( Co— B8 Sa— ,8) + M%(Ci-i-ﬁ - 82{4—,6))
HH omiesl_g— OMi st 5+ 0Mzcl, 4
—dtan sgcs(m%2sa—pCa—p + 2M2 S0t 5Cats)
—itysmen (0T HCa s(1+ 55 5) + 0Thsa—pcs_p)
hA +2MZ3 Cw 5TASO[ B
HA 2MZs " (5TACQ Jé;
hG —omi4
HG +dm3 4,
AG m( 5THSQ 5—5Thca 5) misﬁcﬁétanﬁ
hz 0
HZ 0
AZ —2iMzcpsgotanf
GG m( (5THCa ﬁ+6ThSa ﬁ)
Gz Mz (2 )
H-G* M swow ( 5TH$a 5 — 0ThCa—p — 10t 4) — Omy s spcgdtan
H- W+ —2MW8gcﬁ<5tan6
G H* (6m%_ o)
G_G+ m( (5THCa ﬁ+6ThSa ﬁ)
G (0 i+ )
e, z‘MZSZZ7

Table 3.1: Mass counter-terms for Higgs bosons and mixing between Higgs bosons and gauge
bosons in the complex MSSM



Renormalisation of the MSSM 26

3.3.3 Charge Renormalisation
Charge Renormalisation in the full MSSM

We obtain a renormalisation condition for the electric charge by requiring the electric
charge to be equal to the full eey vertex for on-shell external particles in the Thompson

limit (i.e. vanishing photon momentum), using the transformation
e’ — e(0) (1 +629). (3.30)

The renormalisation constant is adjusted such that the loop corrections to the eey vertex
vanish in this limit. By considering the component free from 5 and proportional to s
separately and using a Ward identity to relate the renormalised vertex with the electron
and Zv wave function renormalisation constants (as described in [51]), we arrive at the

condition

670 = 57, + 624, (3.31)
w

10 ,
= 5o S Olet T

(3.32)

where we have used the expressions for the gauge boson field renormalisation constant
from equation (3.27). We can thus identify the renormalised charge with the physical
charge e(0) = /47w (0) where «(0) is the fine structure constant, as defined in the

Thompson limit.

However, calculating 0Z,, directly poses problems because it involves large contri-
2

Might f

. ), arising from the running of a from ¢> = 0 to a

butions proportional to alog <
higher energy scale, which is a problem because the masses of the light quarks are not

well defined.
Instead, we can use the relation

d i inloops 1 i inloops
5z SEE ) ay = Bak g RS ML), (3.33)
where Aq is a finite quantity. It can be split in to the contribution from the e, u, 7 leptons

and the contribution from the light quarks (i.e. all quarks except t), Aa = Aajept +Aa£i)d.
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Aayep has been calculated to 3-loop order [52] as
Aoyepy = 0.031497687, (3.34)
while Aaﬁsa)d has been measured experimentally via a dispersion relation [53] as
Aal® = 0.02755 + 0.0023. (3.35)

Therefore, the charge counter-term can be calculated using

10 :
(5Z§0) _ Znohght finloops (q2> }

28q 2=0

27(0)
- light finloops 2 Sw vz
+ 2Aa+ 2M2Re§l (M3) + o Mz

(3.36)

where every self-energy involved in this expression has been calculated individually be-

fore being combined in this equation.

Alternatively, we could have calculated 0Z,, = 8%2 Zw(q2)|q2:0 directly, but using
‘effective’ values for the light quark masses which have been specially adjusted to ensure
that the explicitly calculated value of 8%2 ylight finloops (42) }q2:0 — Mi%ReEgiht finloops(pf2)
is similar to the current experimental value of Aa. The disadvantage of this choice is
that whenever the value for Aa or m;, changes, the values used for the other light fermion

masses would need to be adjusted accordingly.

A third way to perform the calculation is to use

1 a all loops 1 a i in loops
§Zé0) = 26(] E Hl P (q2)‘q2:0 - 56 lghtf : P (q2)}q2:0
+ —AOZ =+ Rezhght flnloops(M2) S_W E:F/Z(O> (337)
2 2M2 o M2

where, again, every self-energy involved in this expression has been calculated individu-
ally before being inserted in to this equation. This should give exactly the same result
as equation (3.36), as we have only included some extra diagrams to the first term,
which we then cancel by including the second term. However, equation (3.37) is eas-
leghtflnloops(q2) q2_0 1 Rezhght flnloopS(M2) is given by a
fairly compact expression. We edit one of the model files provided with the program

ier to implement, since a =y

FeynArts [41-43] to include this correction.
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The above discussion refers to results which are parametrised in terms of «/(0) (i.e.
we use equation (3.30), which means that the coupling used in tree level vertices is
a(0)). However, in our calculations, we choose to parametrise the result in terms of
a(M%) where a(M%) = a(0)/ (1 — Aa). Thus we are absorbing the A« correction into

the coupling used in tree level vertices and the renormalisation becomes

6bare N 6(0) (1 =+ 5zé0)) — 6(0)(1 —+ %AO( — %AOK) (1 + (5Z£0))

= () (1+02:") + hot., (3.38)

where ‘h.o.t.” denotes ‘higher order terms’, and the charge counter-term becomes

e A
57D = 570 _ 70‘ (3.39)
10 all loops (/2 10 light finloops/ .2
- 50(]2 Ew (g )}qQ:O o 50(]2 vi (g )‘qQ:O
1 ight fi sw 272(0)
R Zhght finloops M2 “w Ty 3.40
+ QM% € Yy ( Z) + Cor M% ) ( )

where, again, every self-energy written here is calculated explicitly before being combined

to give an expression for the charge counter-term.

Charge Renormalisation for diagrams involving Standard Model fermions

and their superpartners only

For calculations which only involve Standard Model fermions and their superpartners in
loops, we choose to parametrise the electric charge in terms of the Fermi constant G g
(as used, for example, in [54]). The Fermi constant is defined as being proportional to
the coupling constant in the muon decay u — v, +e~ 4., where the process is modelled
as just having one vertex (uv,e”v.), such that, at lowest order,

Gr =29 (3.41)

2 2
4\/§MWSW

Higher orders are incorporated through the correction Ar such that

Gr :Wﬁ?ﬁl@v (1+ Ar). (3.42)
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For calculations involving SM fermions and their superpartners only, vertex and box
corrections do not contribute and the loop corrections are due to the W-boson self-energy

on the internal W-boson propagator. Including counter-terms leads to

a(0)mr P
GF = ——— 1+ AT’ff
a(0)r ( de sy, OME, EEVW(O))
— (14+2=— — + . 3.43
VMR 5 e R, M3 Mg (3.43)

We parametrise our result, in this case, in terms of ag,, which we define as ag, =

1V2Gp M3, st and use the experimental result of G as the input.

ag, is related to a(0) through
ag, = a(0)(1+ Arf7). (3.44)
Inserting this into the charge renormalisation transformation gives

e e(0)(1+62°%) = e(0)(1 + %Arff - %Arff)(l +62% = eg, (14 6257),

(3.45)
yielding the charge renormalisation counter-term
G 1 f
6287 = 670 — émff
(5SW 1 T 2
= o g (Bivw(0) M) (3.46)

where dsy is given by equation (3.8).

3.3.4 Renormalisation of the quark sector

In this section, we extend the process of applying renormalisation in the Standard Model
to the case of the complex MSSM, although we neglect quark mixing. We will closely
follow the notation of [47], in which the quark 2-point function and self-energy are

described as

L(p) = poTHP*) + g T P") + w T (p?) + w 7 (p?), (3.47)
S(p) = pw-SHP?) + P P +w SH(PP) + w (PP, (3.48)
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with T'(p)™° = i(y —m).

Inserting the renormalisation transformations

1
g — (1+ §5ZL)qL, (3.49)
1
qr — (1+ §5ZR)QR> (3.50)
m — m+om (3.51)

into the quark sector of the Lagrangian leads to

—irt(p?) = 1+35(p % (62" +62™), (3.52)
—iTRp?) = 1+X%(p % (2% +62%), (3.53)
—iTN(p?) = —m+S(p?) — % (57" +62%) — om, (3.54)
il (p?) = —m+ S (p?) — % (527 462" — sm. (3.55)

We note that the hermiticity of the Lagrangian implies (neglecting absorptive parts,

which are not involved in the renormalisation) that

e = R (3.56)
2Rp?) = 2R (3.57)
S = e (3.58)

We renormalise the quarks on-shell. The renormalisation conditions for quarks are

therefore

Re T(p)u(p)|pye = 0, (3.59)

pi=m?

lim zj+:2If%velﬂ(p)u(p) = iu(p). (3.60)

P2 m?2 p2 —
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Inserting the 2-point function into these equations leads to
1~
om = iRe [m (B (m?) + 2 (m?)) + S(m?) + 5"(m?)],
RedZ: = Re [—zL(m2) —m? (2” (m?) + 2F (m2)) —m (2” (m2) + 3 (m2))} ,

RedZ® = Re [—23(m2) —m? <2L’(m2) + 2R (m2)) —m (E”(m2) + ET/(mz))] ,
(3.61)

in direct analogy to the Standard Model. However, whereas in the Standard Model, §Z%

and 07 are both real, in the complex MSSM, we make use of the fourth condition,
m (IméZ* —Iméz") = 2Im¥'(p?), (3.62)

and choose ImdZ* = —ImdZ%, since it leads to a particularly compact form of the

counter-terms. Therefore our quark field renormalisation constants are given by

07" = Re [_EL(m2) b L (X'(m?) — X"(m?))

2m
—m? (zL’ (m?) + 27 (m2)> —m (zl’ (m?) + £ W))} . (3.63)
§Z% = Re {—ZR(mQ) + % (X (m?) — 54 (m?))
—m? (zﬂ (m?) + =F (m2)) —m (zl’ (m?) + 3" W))} . (3.64)

3.3.5 Renormalisation of the stop sector

Although we will not perform any calculations which explicitly require the renormalisa-
tion of the stop sector, we will use the 2-loop corrections to the Higgs self-energies [55],
which have been incorporated into the program FeynHiggs [31,56-58]. Therefore, it is

useful to know the renormalisation conditions which were used in this calculation.

The stop masses were put on-shell, such that

<U~t-(5M;Ui> = m? = ReXy, (m2), (3.65)
11

(m2), (3.66)
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and additional constraints were imposed on the diagonal elements of the stop mass

matrix, such that

U;0M; U! =0Y; =
(vanevy)

12

(Rexy, (m2) + Rexg, (m2)) (3.67)

N~ N~

(U;éMEUDn =5y = (f’{ézgm(mt%l)ﬁ’{ézgm(mi)). (3.68)

The soft SUSY breaking terms My, Mj

coupling A; were chosen as the input parameters. Therefore the counter-terms used were

., the absolute value and phase of the trilinear

SM; = —2mydmy + U U dom3, + Uy Uy dm3 + UL Un8Y; + Uz U1 6Y7, (3.69)
SMZ, = —2mydmy + U;;Ulz(smt%l + U;2U225m§2 + UtyUaa8Y; + UgyUpa8Y; (3.70)
and

SAT = e (5| Ay —i|Aldoa,), (3.71)

1 .
§|A] = —Rel[e"dK,], (3.72)
my
1 .

5 = — Im [e'?4¢§ K 3.73
¢At my |At| m [6 t] ) ( )
0Ky = — (A} — pcot3)omy + UflUmémtgl + U§1U225m§2

+UT Uga8Y; + Uz Upa8Y3. (3.74)

3.4 Comparing calculations which have used

different renormalisation schemes

Calculations in different renormalisation schemes use different definitions for parameters.
Therefore, to compare between these results it is necessary to perform a parameter
conversion. This is needed if one wishes, for example, to compare between the two main
public codes for calculating the complex MSSM Higgs sector, FeynHiggs [31,56-58] and
CPsuperH [59]. FeynHiggsis based on the Feynman-diagrammatic approach and on-shell
mass renormalisation while CPsuperH is based on a renormalisation group improved
effective potential calculation and DR renormalisation (we will discuss the status of
Higgs mass calculations in the complex MSSM in more detail in Section 4.1). Both

codes contain corrections at O(aga;). Therefore, since the top/stop sector enters the
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Figure 3.1: Diagrams used to calculate the shifts shown in equation (3.77) — (3.82), which
convert between DR and on-shell parameters. (i = 1,2, j = 1,2)

Higgs mass calculation at the 1-loop level, we need to consider differences in the top/stop
sector parameter definitions at O(«a;). We consider loops involving gluons, gluinos, stops

and tops as shown in Figure 3.1.

We label the difference between the parameters p in the different renormalisation

schemes by Ap, where
pﬁ _ pon—shell + Ap. (3.75)
This is related to the counter-terms by
Ap = 5p0n—shell _ 5pﬁ. (3.76)

Recall that dpPF = [5p°n_5he”]div, where the ‘div’ denotes that only terms proportional

on—shell] fin

to ﬁ — g +log(4r) are kept. Therefore this means that Ap = [5}9 , where the

“fin’ denotes the finite pieces remaining once terms proportional to 25 — vg + log(47)

have been subtracted out.

For a comparison of the Feynman-diagrammatic result with the effective potential

result for the particular case where all the MSSM parameters are real, see [60].
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For the stop sector, we can directly adapt equation (3.69) — (3.74) to get the shifts

AM% = =2m;Amy
+ UhUnAm? + Uy UnAmZ + Uy Un AY; + Uy U AYZ, (3.77)
AMt?R = 2m;Amy
+ ULUnAm? + UsyUpAmZ + Ul UnAY; + U U AYF,  (3.78)
AAF = e (A|A| —i| Al Ada,), (3.79)
AK, = — (A —pcot ) Amy
+ UL UnAmZ + Us UpAm? + Us UpAY; + Uy U AYZ,  (3.80)
A4 = mitRe [ AK,], (3.81)
Apa, = o T N Im [e4 AK,] . (3.82)

The DR parameters are defined at a certain scale pyen. We use this scale in the loop
integrals in the parameter shifts. We will use p2,, = Mgy + m? =: M2, in analogy
to [60]. We calculate the strong coupling constant at the scale of the top mass, a,(m?).
We neglect the D-terms in the stop mass matrix given in equation (2.23) (the terms
proportional to M%) and we only keep those term in the shifts of O(ay), again, in

analogy to the calculation in [60].

We will convert the parameters used as input to C'PsuperH to parameters which we
can use as input to FeynHiggs. Therefore, we will need to convert APR(M2), MPR(M32)
and MT(M 2) to Agnmshell - pron=shell 54 M;;_She“. CPsuperH requires the on-shell top
mass as input, which is then converted internally in the program. Therefore, although
the shifts in A;, My and M;, will depend on Amy,, we will be able to use the same value

of m; as input in both programs.

We will calculate the shifts as functions of parameters of type pPX i.e. as a function
of mPR(M3), APR(M2), MPR(M2) and Mg?(Mg) This means that we must first use

on—shell

the shift Am; to calculate mPiR(M 2) 1. The difference between using pPR and p

in the shifts is formally a higher order effect.

In order to give an example of the size of these shifts, we use m ' = 172.6 GeV,
APR(ME) = 1000i GeV, MER, (M3) = MPR(ME) = MPR(M2) = 500 GeV, p =

ITherefore, Amy, in this case, is a function of m&» =t ADR(772) MPR(M2) and Mg?(Mg)
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2000 GeV, M3 = 1000i GeV and M; = 200 GeV. (This is a variation of the CPX

scenario, which we defined in Section 2.8.)

The resulting on-shell parameters ReA~shell [y gon—shell Mzn_Shell and M;;‘Sheu,
are shown in Figure 3.2 (labelled ‘pP® in shifts’). In this example, the shift in ReA, is
less than 2.1% of |APR(M2)| and the shift in ImA, is ~ 4.2 % of |APR(M32)|. Although
these shifts appear small, they can have a big impact on the Higgs sector, which, as we
will see in Chapter 6, is extremely sensitive to variations in A;. The shifts in M} and

Mj,, are less than 0.64% of MLy (M3), which is numerically insignificant in comparison.

on—shell

Figure 3.2 shows the effect of using p in all the parameter shifts (labelled

‘pen=shell i ghifts’). We achieve this by first calculating the shift as functions of mP® (M2),
APR(M2Z), MPR(M2) and Mg?(Mg), as previously. We then use these shifts to obtain
the ReAgn—shell [m Aggn—shell - pron=shell 4pq M;;—She“ shown in Figure 3.2 (labelled ‘pP%
in shifts’). These values (together with the original m{"~**!") are then used to calculate
a new set of shifts, which are displayed in Figure 3.2 (labelled ‘p°»~shell in shifts’). This
rather convoluted approach is useful for obtaining an idea of the uncertainty in the
parameter conversion. In particular, we can see that the value of ImA? "' changes by
~ 9%. Although this is less than 1% of |APR(M2)|, this does have a noticeable effect in

Higgs mass calculations.

In order to understand the effect of these parameter shifts, it is useful to find a simple
approximation which includes the significant features. As we have discussed, the shifts
in My, and Mj, are less numerically significant than the shifts in A; and therefore, for the
purposes of this approximation, can be neglected. Since we have neglected the D-terms
in the stop mass matrix and use Mty (M3) = MP®(M§) = MP"(M3), the stop mixing

matrix has the simple form

ORI IR (3.83)
vl W ‘

Therefore, the relation between | X"~ and | XPR(M2)| simplifies to

o A 1
|X;)n_SheH| — ‘X?R| (1 + T:Lnt) _ 2_ (Ami — Amtgl) s (384)

t my
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where
As t t 2 m;
Am; = F— g1+ gy +mj | 6log —= —10
mg ren
+ 2m3 (log —+ - 1)] : (3.85)
200 i i
2 2 s i i
Amil - Am{z = 37T (gl - g2> ) (386)
m?
g = —mtgi <log /ﬂtl _ 1> + fiRe [Bo[mtz,mg,mtgi]] : (3.87)
. m?2
g = 2mtgi (log 2“’ — 2) — fiRe [Bo[mtgi,mg,mtz]} , (3.88)
fi = mg +m? — m? — (=1)"2mzmy cos(drr, — bx, ), (3.89)

and By = [Bo]ﬁn, where the scalar integral By is defined in Appendix A. We have been
following a procedure similar to that used in [60] to find an approximation in the real
MSSM?2.

on—shell on—shell
At At

Numerical results for Re and Im in this approximation are shown
in Figure 3.2 (labelled ‘approximation’). We can see that the shifts in ReA; and ImA;
in this approximation vary by less that 1.6 GeV i.e. less than 0.16% of |AP®|, so this
approximation is very effective in this scenario. Therefore, examining the structure of
equation (3.85)—(3.89) will allow us to understand characteristics of the full result. In
particular, we can see that the shifts depend on the phase (¢, — ¢x,) and that the

gluino mass my features prominently in the shifts.

ZHowever, in [60], the comparison is performed for mgz = Mgysy. It is then further simplified by
assuming m;/Mg << 1 and m;X¢/M32 << 1.
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Figure 3.2: The on-shell parameters ReA(tm_SheH, ImA?n_SheH, Mzn_SheH and Mfm_SheH which

are calculated by applying shifts to the DR parameters mP® (M3), APR ()2 g), M R(M2) and
Mg?(Mg), as in equation (3.75). A variation of the CPX scenario is used (see text). ‘pPR
in shifts’ indicates that the shifts are calculated using equation (3.77) to equation (3.82) as
functions of mPR(M2), APF(MZ), MPR(MZ) and MPR(M2) (default method). ‘pen=shel
in shifts’ indicates that the shifts are calculated using equation (3.77) to equation (3.82) as
functions of ReA?n_Sheu, ImA?n_Sheu, Mzn_SheH and M ;;_She“ (see text for further explanation).

‘approximation’ indicates that the expressions given in equation (3.85)—(3.89) have been used.
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Table 3.2: Triple Higgs tree level coupling (h,H,A basis) and counter terms in the complex MSSM.
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Table 3.3: Higgs to d-type fermions tree level couplings and counter-terms in the h, H, A basis. C~ and C'T are the coefficients of w_

tree
. . ) hifHfF
replaced with e, u, 7 to get the Higgs couplings to leptons).

and w, respectively. For h or H, the tree coupling is ¢

(w— +wy ), whilst for A, the tree coupling is g

tree

Aff(w_ —wy) (d can also be
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Chapter 4

Loop corrections to Higgs masses

and mixing

4.1 Introduction

Knowing the Higgs masses and mixing properties of the Higgs particles accurately is
vital for an investigation of the phenomenology of the Higgs sector of the MSSM. These
calculations have been the subject of much work over the last decade. We will briefly

summarise the results here (for a review, see [61]).

In the real MSSM, the full 1-loop result is known. At 2-loop level, the O(asa;), the
O(a?), O(asap), O(asay) and O(a?) have been calculated. Resummation of the term
O(ap(astan 3)™) has been performed. As a result of these corrections, it is estimated
that the remaining theoretical error on the lightest CP-even Higgs mass is S 3 GeV.
A full 2-loop effective potential calculation has also been published. (For details on the

real MSSM corrections, see [31] and references therein)

In the complex MSSM, 1-loop corrections from the fermion /sfermion sector and some
leading logarithmic corrections from the gaugino sector and the dominant 2-loop re-
sults have been calculated in the effective potential approach and renormalisation group
improved effective potential method [34,36,37,62—67]. In the Feynman-diagrammatic
approach, the full 1-loop result has been calculated [31,35,68]. At 2-loop, the O(asay)

corrections are available [55].

41
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Most of these results have been incorporated either into the public code FeynHiggs
31,56-58], [49,69,70]', which uses the Feynman-diagrammatic approach or the public
code CPsuperH [59]%, which uses the renormalisation group improved effective potential

approach.

In this chapter, we will outline the method used in this thesis to calculate the neu-
tral Higgs masses, which will use self-energies obtained with the program FeynHiggs,
and discuss the behaviour of the main corrections with the aid of numerical examples.
We will also introduce a pictorial representation of the Higgs sector mixing. We will
discuss the way that loop-corrected propagator corrections can be incorporated in cal-
culations involving an external Higgs boson. We will conclude with a description of a
method which allows the inclusion of Higgs mixing with Goldstone bosons and Z bosons
into processes involving an external Higgs bosons, without introducing gauge parameter

dependence at the 1-loop level.

4.2 Definition of neutral Higgs masses

In general, the neutral Higgs masses are obtained from the real parts of the poles of the
propagator matrix. In this section, we will neglect mixing with the Goldstone and 7
bosons as these are sub-leading 2-loop contributions to the Higgs masses. We therefore

use a 3 x 3 propagator matrix A(p?) in the (h, H, A) basis.
In order to find the neutral Higgs masses we must find the three solutions to

1
|A(p?)]

—0, (4.1)

which, in the case with non-zero mixing between all three neutral Higgs bosons, is

equivalent to solving

=0, (4.2)

1Unless explicitly stated otherwise, ‘FeynHiggs will refer to FeynHiggs version 2.6.4 throughout this
thesis.

2There is also an extension, CPsuperH2.0, which includes the calculation of electric dipole moments
and some B meson observables [71].
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where ¢ = h, H or A. The propagator matrix is related to the 3 x 3 matrix of the

irreducible 2-point vertex-functions I'y (p?) through the equation

[—AE)] T =T =i [p1 - M), (4.3)
where
mp — ZAjhh(p2) _ihH(pQ) —ihA (p2)
M(p2) = —ihH(p2) my — ijHH(292) _EHA(p2) (4.4)
34 (p?) ~Sua?)  mi - 2aa(p?)

As before, my,mpy,my refer to the tree level masses given in equation (2.9). flz-j (p?)
are renormalised Higgs self-energies. These self-energies are given at 1-loop by equa-
tion (3.20a). In the main numerical analysis, we will use renormalised self-energies
which also contain the leading 2-loop pieces. If there is CP conservation, f]hA(pQ) =
Sua(p?) = 0 and the CP-even Higgs bosons h, H do not mix with the CP-odd Higgs
boson A.

In general, the renormalised Higgs self-energies can be complex, due to absorptive

parts. Therefore, the three poles of the propagator matrix M2 can be written as
M; =M —iMp, Wy, (4.5)

where M), is real and is interpreted as the loop-corrected (i.e. physical) mass, W, is

the width parameter and a = 1,2, 3.

In the CP-violating MSSM, the loop-corrected masses are labelled in size order such
that

My, < My, < My, . (4.6)

In the CP-conserving MSSM, the masses are labelled such that the CP-even loop-
corrected Higgs bosons have masses M, and My with M, < My and the CP-odd

loop-corrected Higgs boson has mass M 4.
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4.3 Calculating the renormalised neutral Higgs

self-energies

Although our main numerical analysis is based on complete 1-loop self-energies which
include leading 2-loop corrections, we will first outline various approximations which
can be used when calculating the renormalised neutral Higgs self-energies fll-j (p?). All
1-loop examples will use the programs FeynArts [41-43] and FormCalc [43,45] to draw
and calculate the Feynman diagrams and the program LoopTools [45] to evaluate the

loop integrals (apart from some special cases - see Appendix A for more details).

4.3.1 Yukawa Approximation

The leading corrections (at low/moderate tan 3) can be found by considering 1-loop
corrections involving the top quark and the stop quarks and selecting only those terms
proportional to m?/M3, (‘Yukawa terms’). The resulting corrections will be finite and

proportional to m}. They are obtained by a calculation at zero incoming momentum

In this approximation, the renormalisation constants dtg, d M, M7 and 6Z,;, which

appear in equation (3.20a), are all zero.

For consistency, the stop masses mz and mj, must also be calculated in the Yukawa

approximation, i.e.

1
md, = md s [ME M F 1M - MZJ a2 X |, (4.7)

q1,2

rather than using the full expression given in equation (2.27). In the CP-conserving
MSSM, this gives

$ 362mf‘ 2X2 C

$11 112—122,

e 167T2M5V812/V8% mtgl — th

- 3e2mi Xy mg

by = — ! —2lo L)+ A X Crioe ,
P12 167T2M§VS%VS% mtgl _ mth & m, tA1L112-122

- 3e2my} mg,m; A X, my A X,

by = ———— 1t _lo bt )y 21o b)) — Ci1a- ,
G202 87T2M5V3%,Vs% [ g( m2 mtgl — mi g mi, 5 112-122

2¢1A — 0, 2(152‘4 - 0, XA:AA :O,
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where

2 2 2 2 2 2
Ciz-122 = (o (07 0,0, mg, Mg, My ) —Co (0> 0, O7m£17m£27 mgQ)

to
myg
1 4.
: (m) | (4.8)

2 2
1 <m51 T m52)
lo
and the Cj integrals are defined in Appendix A. Note that the C integrals do not appear

automatically, as no 3-point functions are calculated. However, substituting Cy integrals
for combinations of the Ay and By integrals which appear naturally in the calculation

(all at zero momentum) does make the self-energy expressions more compact.

As discussed previously, f]¢1 A =0, f]¢2 4 = 0,244 = 0 ensures that the CP-even
Higgs bosons do not mix with the CP-odd Higgs bosons.

These calculations were done with pen and paper, using the Feynman rules in [72]
and using the programs FeynArts [41-43] and FormCalc [43,45], and the results agreed.
We have confirmed these expressions through discussion with the authors of [57]. Note

that these self-energies simplify considerably for the no-mixing case (X; = 0).

In the CP-violating MSSM, the expressions for the neutral Higgs self-energies in the
Yukawa approximation involve the charged Higgs self-energy (since Mpy+ is the input

parameter rather than M), which is also taken at zero incoming momentum, such that
SM7e = Sy (0). (4.9)

These diagrams will involve the b, b sector in addition to the t,t sector, and they are re-
lated through the parameter M? in equation (2.25). Therefore, some of the renormalised

self-energies contain a dependence on MEQR’ which, in this approximation, is related to

stop sector parameters through the equation,

2,mj 2 2 2 2 *
b —mi +mF — (mF —m3) sps;, (4.10)

where s; was defined in equation (2.28).
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The expression for the renormalised neutral Higgs energies are then given by

3 3emy Re?[1.X] Cior
Yoipr = : Ciiz- 2R 411
P11 167T2M5V812/VS% (mgl — mi 112—122 + Mt 9 ) ( )
D _ 3e’my pp Ciar
fon T T 6m My shysh \ ts 2
Re [uX . m;,
t— [M—tl (Re [A7 X]Cr12-122 —210g< L )) , (4.12)
my T mg, mg,
) 3e?m; mg, my pp Ciar
) - "t (9] 1% )}
0202 1672 M2, 52,53 ( o8 ( m? ) 22
Re A X, ms .
+ 2[ t ;] (4 log < tl) — Re [AtXt]CHQ—lZQ) , (4,13)
my —mg, %
& 3e*mf  Im[pX?
Vo = = : L Cria-122, 4.14
P11 A 327T2M5V8%/V$% mtgl _ th 112—122 ( )
8 3e*m; Im [1.X;] m;
b)) = t Re [AF X,]C119—120 — 21 L 4.15
2T 16mE M55 (mg —m2> ( ¢ [A Xi]Crio-122 — 2log <m£2)) ,(4.15)
t1 to
- 3e*m? Im 2 [ X;] Cian
Yaa = : Ciiz— 2R 416
AA 167T2M5V312/V$% (mtgl _ mth 112—122 + ,UM 2 5 ( )
where
Cl2R = C0 (07 07 07 mgla mia M;};m;l) . (417)

Note that fl¢1 A and i@ A are now non-zero, driving CP-violation in the Higgs sector.
It is also interesting to see that although the ¥ involve complex parameters, they are
themselves entirely real. This means that the poles of the propagator matrix will also be
real in this approximation. Equations for the Yukawa contribution to the renormalised

neutral Higgs self-energies 3 in CP-violating MSSM are also available in [73].
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4.3.2 p? = 0 approximation

Another approximation that is sometimes useful involves setting the incoming momen-

tum p? in the renormalised neutral Higgs self-energies flz-j to zero, such that

Se(0?) = Se(0), (4.18)

Si(@?) — Zx(0). (4.19)

All counter terms are calculated in full (see Section 3.3.2). This approximation includes
all the Yukawa terms. Once again, f]ij are real, leading to real poles of the propagator

matrix.

4.3.3 real p? on-shell approximation

In this approximation, the incoming momentum is set to a combination of the tree level

2%&-»%@%@* (4.20)
%W)HR%%QW%WW} (4.21)

4.3.4 complex p? on-shell approximation

This approximation is similar to the real p? on-shell approximation but does not discard

the complex parts of the self-energies,

2kk(p2) - ikk(mi), (4.22)
Sul?) = Saly(md +md)) (423

This approximation allows complex solutions to equation (4.1), which, as we will see,

makes it useful as a starting point for a fully momentum dependent calculation.
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4.3.5 Full momentum dependence at 1-loop

The Yukawa, p? = 0, real p? on-shell and complex p? on-shell approximation all involve
approximations to the incoming momenta. The full momentum dependence is more

complicated to calculate as it involves an iterative procedure in order to calculate M(p?)
at p* = M; .

As discussed previously, in general the solutions to equation (4.1) are complex. The
program LoopTools [45] calculates loop integrals at real momenta only. Therefore, the
unrenormalised self-energies were calculated using an expansion about the real part of
the pole, M} | such that

Si(M3,) =~ Sp(ME) +ilm [M3,] S, (M2), (4.24)

with j =h,H, A and k = h, H, A.

For each h,, the initial value of M%a was the result from the ‘complex p? on-shell

approximation’. This solution was then refined using
M,Ql;[nﬂ] = ath eigenvalue of M(Miin]), (4.25)

where the eigenvalues have been sorted into ascending value, according to their real
parts. Once /\/li;[nﬂ] and Mia[n} are very similar, a final iteration is done using the

expansion

Sik(M3)

12

Si(M2) +ilm [M3, ] X (ME)
1/, S 2
5 <’LIII1 (M3 ] ]k(M;i)) ; (4.26)

in order to check that the inclusion of the second order terms does not significantly

change the masses.

4.3.6 2-loop contribution to Higgs self-energies

The program FeynHiggs [31,56-58] contains X, (M, ) and f]; (M7 ), which have the full
1-loop and some 2-loop terms. These can be obtained using the the function FHGetSelf,
which has the incoming momentum (real) as an argument. We used these 3, (M 7 ) and

fl;k(M }%a) to calculate the Higgs masses using the procedure described above.
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FeynHiggs allows the user to select the type of 2-loop corrections to be used. This is an
important choice in the complex MSSM because FeynHiggs only contains the full phase
dependence for contributions at O(azas) [55]. However, there is the option of including
sub-leading 2-loop corrections which have been calculated without phase dependence.
The user can use the flag t1CplxApprox=1,2 or 3 to specify how the types of 2-loop
corrections are combined. All of these options include the 2-loop corrections at O(ayas).
t1CplxApprox=1 uses no other 2-loop contributions. t1CplxApprox=2 also includes the
sub-leading 2-loop corrections where parameters which were assumed to be real during
the derivation are now taken to be the real parts of any complex parameters [74-78].
t1CplxApprox=3 calculates the sub-leading contributions at phase of 7 and —= for each

complex parameter and interpolates between these results.

Figure 4.1 compares the results for the lightest Higgs mass M},, which have been
calculated using various FeynHiggs options in the CPX scenario with My, = 140 GeV. It
can be seen that the ‘recommended’ setting of t1CplxApprox=3 is inappropriate for this
scenario. This is because the CPX scenario is on the border of stable parameter space
and thus one of the combinations of real parameters crosses the border into unstable
parameter space, skewing the interpolation in favour of the unstable values. We therefore
choose t1CplxApprox=1 throughout the rest of this thesis wherever FeynHiggs is used
to calculate quantities in the complex MSSM.

FeynHiggs also allows the resummation of some corrections to the b-quark mass. (we

will discuss this topic further in Section 5.3).

It is useful to consider the contribution that different types of corrections make to
the neutral Higgs masses in the CPX scenario. These have been calculated using the
programs FeynArts [41-43], FormCalc [43,45] and LoopTools [45] and then checked for
consistency with the results from FeynHiggs. As many of the techniques used here will be
used for the h,hyh,. vertex later, this is a very useful check of our calculation. In addition,
it provides a very useful idea of the sensitivity of the CPX scenario to the various loop
corrections in the Higgs sector, which will prove very valuable when analysing the Higgs
cascade decays. Figure 4.2 shows the lightest Higgs mass as a function of tan 3. We
show results for the m} approximation, the full 1-loop terms where m; is evaluated at
the scale of m; and the full 1-loop terms where m, is evaluated at the scale of m;. Unless
otherwise stated, we use a running top mass m;(m;). Also shown is the result obtained
from using self-energies from FeynHiggs, which include the O(«;a) contributions and
resummation of corrections to the b-quark mass. As expected, the m} approximation

includes the bulk of the 1-loop corrections at low tan 8 but fails at higher tan 3 where
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Figure 4.1: Comparison of different combinations of 2-loop corrections to the Higgs
masses in the complex MSSM that are implemented in FeynHiggs [31, 56-58] through
the flag t1CplxApprox. All of these options include the 2-loop corrections at O(ajay).
t1CplxApprox=1 uses no other 2-loop contributions. t1CplxApprox=2 also includes the sub-
leading 2-loop corrections where the parameters that were assumed to be real during the
derivation are now substituted with the real parts of the complex parameters. t1CplxApprox=3
calculates the sub-leading contributions at phase of m and — for each complex parameter and
interpolates between these results.

terms from the sbottom sector are enhanced. If my(my,) = 4.20 GeV is used, the scenario
becomes unstable at around tan 3 = 20. Some of the higher order QCD corrections can
be taken into account through the use of my(m;). my(my) is less than my(my,), so using
mp(my) actually has the effect of reducing the impact of the bottom/sbottom sector at
higher tan 3. Figure 4.2 also shows that the O(aya;) corrections are very significant,

which is well known also for the CP conserving case.

Figure 4.3 shows the effect of different approximations for the internal momentum
p? on the lightest Higgs mass in the CPX scenario at My+ = 140 GeV, as described

in Section 4.3. Here, for clarity, only 1-loop diagrams involving tops, stops, bottoms,
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My,=140 GeV
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Figure 4.2: The lightest Higgs mass as a function of tan 3, in various approximations. ‘mf

approx’ denotes the Higgs masses found if only the Yukawa term (which are proportional to m7)
are included in the neutral Higgs self-energies. We show the results of full 1-loop calculations
in which my is either at the scale of my or my;. Also shown are the full 1-loop terms where
my is at the scale of mp and my. Also shown is the full result from FeynHiggs [31, 56-58],
which includes the leading O(ayas) contributions and resummation of some corrections to the
b-quark mass.

sbottoms are included. It can be seen that both approximations work fairly well but are
still noticeably different to the full ¢, 7, b, b result.

4.4 Loop corrected propagators expressed in terms

of self-energies

Although we have derived relations between the Higgs renormalised self-energies and

Higgs propagators explicitly using equation (4.3), we will now introduce a pictorial
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Figure 4.3: The effect of different approximations for the internal momentum p? on the light-
est Higgs mass as a function of tan 3, using the 1-loop top, stop, bottom, shottom contributions
only. (see Section 4.3 for details of approximations)

notation which we feel gives a more intuitive understanding of the system. We start

from the usual tree level h propagator,

tree level propagator

We combine this with the renormalised self-energy Shn to get the

no-mixing loop-corrected propagator
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All the possible combinations of Sin and tree level h propagators have been collectively
rewritten by putting the piece Sun in the denominator of the tree level propagator. In
other words, we have resummed 3, in the usual way in order to get the standard result
for a loop-corrected propagator in the case of no Higgs mixing, which we represent in

our pictorial notation with two dashed lines. We have also introduced the notation
Vi(p?) = p?* — mj; + X (p?).

In order to include mixing between h and A, we require the

2-particle mixing loop-corrected propagator

A A h (A A
O s O 0 —
N ~ ~ ~ —1
by h by . - 32 p2
hh hA Ah -3 p2 - m}% + Ehh(p2> . - 2hA( A) ;
p* —m3 +Xaa(p?)
iYa(p?)

Y P)Yalp?) — Sha ()
We have combined the tree level h propagator with a Shn as before but also with a
piece composed of a no-mixing loop-corrected A propagator with a Sha on either end.
Summing these pieces by putting them in the denominator as before has given us the
2-particle mixing loop-corrected propagator, which starts and ends on a tree level h
propagator. We represent this using two solid lines, labelled at either end by h, and
labelled in the centre by the other particle involved.

In order to extend this to a propagator involving mixing between 3 particles, we need
to combine the tree level h propagator with pieces involving mixing between H and A,
to get the

3-particle mixing loop-corrected propagator

o . ¢  a%% . ¢l . o

Shh Sha San Zhr SHr Sha  Sam ZHh  Zwm SHA  San

(4.27)

~

YV —32,,

R X . -1
h  (HA) h z' (Yh N =2 Yy =23V + 2EhAZhHEHA>
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Here, each piece needs to begin and end on a renormalised self-energy involving a h.
In order to make sure we have included all possible combinations, we require the five
separate pieces, which, once again, we put in the denominator. Each self-energy and Y;
has the argument p?, which has been omitted in this expression for brevity. We have
denoted the 3-particle mixing loop-corrected propagator by three solid lines, labelled
at either end with the tree level propagator which begins and ends the loop-corrected
propagator and labelled in the centre with the other particles involved. We can write this

3-particle mixing loop-corrected propagator in terms of an effective self-energy ¢ (p?),

h H A h . —1
Apn(p?) = #.4) :7;<1+2‘;fg(p2)) . (4.28)

This method can easily be extended to cases in which more than three particles mix.

We shall now investigate the combination A;;(p?)/A;(p?), in which an off-diagonal
element of the propagator matrix is divided by a diagonal element. Using equation (4.3),
we can expand this combination in terms of self-energies and tree level propagators to
get

Apu(p?) Saa(P)Eua(p?) — Snu(p?)Ya(p?)

Apn(p?) YH(pz)Y{l(pz) — 32,0

. i
= iSwu(p’) 55—
e
. ) ~ {
+ B (0!) 57— Buu(P?) 57—
) S 0P)
. i - {
Sna(P?) 5—=12ua(0*) 57—
W )
O(3-loop). (4.29)

We can see that the combination Ay (p?)/Ans(p®) represents terms which start on the
self-energy f]hH(pz) or Sha (p?) and end on the H tree level propagator. It contains no

self-energy of the type 35, (p?) and contains no h tree level propagators.

Therefore, we can express Apg(p?)/Ann(p?) in our pictorial notation as

Bun(?) G- A , 2= (4.30)
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If these diagrams were attached to a ShH, they would be identical to the third
and fourth pieces which make up the 3-particle mixing loop-corrected propagator in
equation (4.27).

This leads to a compact expression for the 3-particle mixing loop-corrected propaga-

tor Apa(p?), in terms of an effective self-energy ¢ (p?) as before,

?

Awm(p?) = - > (4.31)
p* —mi + 55 (p°)
3 3 Apr (P?) ¢ Apa(p?) ¢
eff /2 _ 2 hH 2 2
S %) = L) + A ) Zhu(p) + Anl?) Sha(p?). (4.32)

Using this relation (which can also be derived straight from equation (4.3)) we can

rewrite equation (4.2) in the form
Mi, —mi + 5T (M;) = 0, (4.33)

where 1 = h, H or A and there is no sum over i. Note that for any particular i, this
equation holds for h, = h1, hy or hs. It is also worth noting that we should not expand
the effective self-energy flfff about p? = M,%a directly, since the presence of Y}, Y}, terms
result in large higher order terms. Expanding the individual self-energies 3 contained
within 2

i)

according to equation (4.24) as before, avoids this problem.

4.5 Wave function normalisation factors

In order to ensure that the S-matrix is correctly normalised, we need to ensure that
the residues of the propagators are set to one. We achieve this by including finite wave
function normalisation factors which are composed of the renormalised self-energies.

These ‘Z-factors’ can be collected in to a matrix Z where

7 ~ A~ N
lim —— " (z - ZT) ~ 1, 4.34
p2—1>r./\1//llia p?— M; 2 hh (4.34)
7 ~ A~ ~
lim —— (z T -ZT> ~ 1, 4.35
p2—1>1;\n/tgb p? = M;, 2 HH (4.35)
7 ~ A~ ~
lim —— " _ (z T -ZT) ~ 1, 4.36
p?irﬂrzltgc P — M;, 2 AA (4.36)
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such that
I ),
N I

where I'j,, is a one-particle irreducible n-point vertex-function which involves a single

external Higgs h, and hg, hy, h. = some combination of Ay, ho, hs.

The matrix Z is non-unitary. We write it as

VZ,  NZwZwaw N ZwZna
Z = VZuZnn VZu VZuZpa |- (4.38)
VZaZan NZaZan VZa

We find the elements of Z by solving equation (4.34), which gives

1 1
Zn= —F——7 C Zp=—Ft ( L L Za=——F— (4.39)
dp? <Ahh(p2)) pP=M2_ op= \ Au®%) PP=M;, op2 \ Aaa(p?) PP=M2_
AhH AhA
IhH = Zpn = Dol Zan = (4~40)
A ) AHH 5 2 9 A )
hh pP=M2, p=M;, AA pP=M2,
Apa Apa
Tha = —= . Zpa= A o Zan= . (4.41)
Ahh pQZM% PQZMhb AAA pQZM%

We choose h, = hq, hy = hy and h. = hs. The square root is taken such that \/Z;\/Z; =
Z;, where Z; is, in general, complex. Other choices for the Z-factors are possible, such
as that in [79], where we use the limit p* = M}?

i1 .4 However, this does not allow the

same freedom for choosing a, b, ¢ and also is less stable numerically.

The elements of Z involve evaluating self-energies at complex momenta. The expan-
sion in equation (4.24) is used. In order to make sure that the neglected higher order
terms in equation (4.24) are small, we also calculate Z using equation (4.26), and check

that the results are not significantly different.
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We include the matrix Z once for each external Higgs boson involved in the process,
such that

Fha = airia
Uhony = Zjliailsy,

Dhonghe = Licklipjligilsji.

N>

Again, we can use our pictorial representation to get a more intuitive understanding
of these contributions. For example, applying the Z-factors to a decay of a neutral Higgs

in to a fermion, anti-fermion pair gives

A ~

fhlff =24l = 72y (fhff + ZthHff + ZhAfAff> ;

which can be represented as

pP=M,
N
f
f
_l’_
f
f (4.42)
T )p2=./\/l,211>
f

i.e. /7, gives an overall normalisation factor which depends on the 3-particle mixing
loop-corrected hh propagator, while Z;; are composed of % from equation (4.30), taken
at incoming momentum p? = M%l. The % are present in order to take into account
diagrams which have a H or A tree level Higgs propagator directly connecting to the

fermions, as opposed to a h tree level propagator.

As we have discussed, the Z-factors are designed to ensure the correct normalisation

of an S-matrix containing external Higgs bosons. However, they are an approximation
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which attempts to compensate for the fact that we are treating an unstable particle as
an external particle. Strictly, the entire decay and production process should be taken

into account.

As an explicit example, we consider the case where two processes with external
Higgs are combined to make one process with an internal Higgs, using the narrow width
approximation (see Appendix B). We consider the case where two arbitrary scalar
particles annihilate into a h; (at a vertex labelled by a) and the hy subsequently decays
into two arbitrary scalar particles (at a vertex labelled by b). We use our pictorial
notation to ensure that we consider every possible combination of self-energies and tree

level propagators in the internal h; propagator:

CH(A)Hh (H A) h .~ H HA(H)Ah (H,A) h -~
+ |@) Oo——— + | Q Oo————

N s N
’ N s N
N s

N H(A) Hh (H,A) hH(A)H .~ H  HA(H)Ah (H,A) hH (A H -
+ @) O—=0O d + | O N O O—O d

’ N s
N s

. H(A)Hh (H,A) hA(H)AH H .~
+ 0 O———=0 0.7 1d

’ N
N

s
s

N
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+ oo O o————0 ® o

 H(A)Hh (H,A) hRA(H)A .~ ,
+ |@) Oo—0O @} + | O Q O——O Tl

< H(A)Hh (H,A) hH(A)HA A .~
+ 0 O—O O_ d

+ oI O o———0 ® o

)+ (H < A)]. (4.43)

As explained previously, the different types of propagators can be combined and written

as

h AL@ F: Ana(p’) a 2 b Apr(p?) b Apa(p?) b
(Fh + Apn(p?) 'y + A (17?) FA> Apn(p?) (Fh + A7) 'y + Ao (7 FA) (4.44)
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In general, the Ff’b also depend on p? but this is left out here for simplicity. Expanding

the resummed propagator about p? = M%l gives

i i 1
Ae _ 2 A~ /
pPmi S0t P My <Z<;fg) (M2) + ...
i
7
P M

(4.45)

This W becomes a J-function in the limit of vanishing width. Therefore, in the
1

narrow width approximation (see Appendix B), we get

2 2
)\/ Zn (U3 + Zpuly + ZhAFZ)) )\/ Zn Ty 4 Znully + Zpalh)| (4.46)

as we would expect from applying the Z-factors to the two processes a and b separately

and combining them.

Therefore, we expect that using the Z-factors improves the treatment of imaginary
parts in situations in which it is impractical to calculate the full production and decay

process.

4.6 Normalised effective Higgs couplings to gauge

bosons

Using the p? = 0 approximation for the renormalised self-energies results in real Z-factors

and the matrix Z becomes a unitary rotation matrix U, such that

M, 0 0
0 M, 0 = UMy U, (4.47)
0 0 My

ie. U diagonalises M. This also leads to a simple expression for Z, ,

1
Ziv = .
U1 r 72+ 22y

(4.48)
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This rotation matrix can be used to create a normalised effective coupling between

neutral Higgs bosons and Z bosons,

Ghez2z,U = Uazg;tlrezez, (4.49)

where g;'%, are derived from Section 2.5 and normalised to the SM coupling, such that

(giee)? = sin? (B — a), (g%%,)? = cos? (B — a) and (g¥%,)? = 0. This leads to the
Slmple relatlons gszlZZ,U + ghQZZ,U + g%gZZ,U — 1 and ghaZZ,U - g%bhbsz’ Whel"e ha, hb, hc

are all different.

However, the Higgs propagator corrections for external Higgs bosons are more fully
taken into account if the effective couplings between Higgs and gauge bosons are obtained
through the use of the full matrix Z, such that

QZEZZ = Zazgzregzv (4‘50)
g}eLifth = ijzazgﬁfz (4~51)

As before, we have normalised g;'%, to the SM coupling. In addition, we normalise the

tree tree

gz such that (g;75%)* = cos® (6 — ) and (g5%,)? = sin? (3 — a) (all other Gty 7 are

7Zero).

Since Z is not unitary, we now have the approximate relations |g5',,|* + |g5, ,|* +

95T, 41> ~ 1 and |gi, ,|* ~ |g5h, ,|?, where hq, hy, he are all different.

We will make use of both types of effective couplings during the course of this thesis.

4.7 Goldstone or gauge bosons mixing contributions

to the Higgs propagators

For any full 1-loop calculation involving a Higgs propagator, the self-energies f]hg, Swa,
)y ¢ and f]hz, )y HZ, )y Az also need to be included, such as in the example shown in
Figure 4.4. Although their numerical contribution will turn out to be very small, these
diagrams will have a gauge parameter dependence which cancels out the gauge parameter

dependence in other parts in the 1-loop calculation.
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Figure 4.4: Goldstone and Z boson propagator corrections to the h; — ff decay, where
hi=h,H or A

We will use the lowest order Z-boson propagator containing explicit gauge parameter

dependence,
— 1 . (1 - fZ)kukv
. 4.52
v R (R V(R 452
This rearranges to
—1Gu kK, ’ k .k, '
Wy S L iz (4.53)

K— M2 k2 (k2= M2) K2 (K2 — & M2

where all the gauge parameter dependence is conveniently contained in the last term.
We use the G-boson propagator
L (4.54)
k? — &z M2
Since we will be attaching Z-factors to the Higgs propagators, our calculation will
not be restricted solely to 1-loop pieces. Inevitably, our result will have a slight gauge
parameter dependence that is formally of higher order. However, we need to make
sure that the gauge parameter dependence completely cancels at the strict 1-loop level
without introducing an unphysical pole (whose position is gauge-parameter dependent)
in to the rest of the calculation. This requires a detailed understanding of the behaviour

of the Goldstone and gauge bosons mixing contributions.
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Using a Feynman-diagrammatic calculation, we find that the following relations hold:

MzY4,6(p?) +ip*Se,2(p*) =
Mz%4,6(p%) +ip*Se, z(p?) =

Mz ac(p®) +ip°Saz(p®) + Mz (p* — m2) fo(p*) =

2
MS66(0") + 20" Soz(0F) = 4 Sho (7). =
MwSg-c+(p?) = " Za-w+ (0°) + Mw (p* —mipe) f () =

2

(&
_QCWSWCﬁtA’
2Cw Sw sota,
e (cate, — spte)
Sy (sgle, + cale,)

e .
—— (cpty, — spte, +ita),
2$W

D e
MwSa-a+ (%) = 20°Sa-w+ (p?) — M—WE%W(pQ) = S (spts. + catey)
(4.55)
where
a
fop®) = ————555-aCs-aM3E7 [Bo (p°, mjy, M3&7) — By (p*,my, M3¢7)]
1675, M2,
a
) = —m%—acﬁ—aﬂﬁvﬁw [Bo (p*, miy, Myy&w) — Bo (p*, miy, Miyéw)] -
(4.56)
fo, f+ are finite and disappear if the particle is on-shell.
In terms of renormalised quantities defined in equation (3.3.2), these become
: 2 ip® ¢ 2
EhG(p )+ Ezhz(p ) = 0, (4'57)
& 2 ip? & 2
Yuc(p?) + EEHZ(Z) ) = 0, (4.58)
-2
~ ip° -
Yac(p®) + EZAZ(Z?2) +(p* = mA) for®) = 0, (4.59)
. 2ip? . 2.
Leo’) + 3 Sor(v?) — 1 Sh ") = 0, (4:60)
Z
2
A p A
Yu-g+(p”) — M—WZH*W+ (P?) + (* — mi=) f2(p*) = 0, (4.61)
So o)~ S0 wi ) - LrShae) = 0. (162)
My M2,
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These relations have been checked algebraically using the ¢, £, b, b sector and the gauge
and Higgs boson sector. These relations have also been checked numerically for the entire

MSSM. These relations simplify in the CP-conserving case.

This means that diagrams involving mixing with Z can be expressed in terms of

diagrams involving mixing with G.

As an example, we will look at diagrams involving a neutral Higgs decaying to two
fermions via a self-energy, as in Figure 4.4. We can use the fact that, for a two body

decay into on-shell particles with identical mass,

My = Uz[A+ Bys + (C + Ds) gl va,
M2 = Uj [A + (B — 2me) ’}/5] Vo,
oMM = Y MM (4.63)

all spins all spins

This means that, instead of using the usual Zff coupling (involving j), we can use a

coupling p, I'%¢® which is given in terms of T8, i.e.

M
Ftree - _ Ftree (464)
p

We can then directly compare the two contributions at the level of the matrix element.

For the h — ff decay with incoming momentum p? (Figure 4.4 with h; = h),

- ) ree R~ —Zfzp DPv ree
thG(p )TQSFEH +p EhZ(p2)p2(p2 _ ]\/jf%f ) uFthf
Ftree
= ]f;fz o), (4.65)

which does not contain a pole at p?> = M2¢,. However, for the decay A — ff via a
self-energy (Figure 4.4 with h; = A),

Y ree - UN —Zfzp DPv ree
iYac(p? )7M§§ riee 4+ ip EAZ(p2)p2(p2 2 ]\‘/}%6 ) Py
Ftree . M2§Z
— ;sz <EAG(p2) —(* - 771,24)]'?0(]32)1)72 —iw%z) ; (4.66)

which is problematic because the existence of the fy prevents the cancellation of the

pole at p*> = MZ¢;. However, this term vanishes if the tree level mass is used for the
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incoming momentum i.e. p?> = m?%. This means that, in a strict 1-loop expansion (where

the Z-factors are also expanded), the Higgs-fermion-fermion vertex is

S/ 2 ; 2 - 2 S 2
h ZJhh (mh) Ftree ZhH (mh) Ftree EhA (mh) Ftree EhG (mh) Ftree Fl—loop
- hff — 2 2 “HIf T 2 2 - Aff 2 Gift T hff
my, — My my, — My my
v 2 S 2 - 2 N 2
H - — HH (mH) Ftreg . EhH (mH) Ftrge . ZHA (mH) Ftreg o 2HG(WLH) Ftreg + Fl—loop
: 92 Hff 2 _ 2 hff 2 _ 2 Aff 2 Gff Hff
My — My My — My my
S/ 2 ; 2 S 2 - 2
A - — AA (mA) Ttree _ 2HA (mA) tree 2haA (mA) [tree _ Yac (mA) [tree + Fl—loop
: 9 AfT 2 2 - Hff 2 2 hif 2 GIf Aff
My — My my —my, Ly

where m37, m2, m? are tree level masses as before and there are no poles dependent on

&z. In fact, we have checked that these expressions are independent of £, numerically
using FeynArts [41-43] and FormCalc [43,45].

For the full calculation, we need to incorporate higher order results without recreating
the pole at p?> = M2£;. Therefore, whenever contributions involving mixing between
h; and G, Z bosons are included, they should be calculated at incoming momentum

corresponding to the tree level mass, rather than the loop corrected mass.
So, for the example used above of the h, — ff decay, we would combine ‘Z-factors’,
vertex corrections and Goldstone/Z boson mixing contributions by

T = [T (M) + 0 ()] (467

G,Zs_e
hiff
the full Z-factors. The advantage of our choice is simply that there is no need to calculate

We could have chosen to multiply the I' (m%) by tree level Z-factors rather than

these tree level ‘Z-factors’ (the tree level Z elements are all either 1 or 0. However, Z

might not correspond to 1).

Similarly, for the triple Higgs decay, there are similar cancellations between the G

and Z self-energy contributions which cancel the unphysical pole. Therefore, we can use

full _ B H 1PI 2 2 2 G,Zse 2 2 2
r ohyhe L1 Lol [Fhih]-hk (Mha>Mhb>th> + Fhihjhk <mhi>mh]->mhk>} -(4-68)



Chapter 5

Resummation of Standard Model
and SUSY QCD corrections

In this chapter, we provide a brief introduction to elements of Standard Model QCD
which we will require later in the thesis. We also outline a method to resum the poten-
tially large SUSY QCD loop corrections to the Higgs to b-quark coupling, which includes

a consistent treatment of the complex phases.

5.1 SM QCD corrections

We will discuss the Standard Model QCD corrections to the running of the strong cou-
pling constant and the b-quark mass, which will be particularly relevant when calculating
the h, — bb decay. For a general introduction to this area of QCD, see [80,81]. Our
conventions closely follow those of [82]. However, since we will be combining these re-
sults with the 1-loop QCD corrections to the h, — bb decay, we restrict the discussion
to 1-loop order, as advised by [83]. This will avoid the inclusion of unnecessary renor-

malisation scheme-dependent higher order terms in the decay width in Section 7.2.2.
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5.1.1 The running of the strong coupling constant in the
Standard Model

In the Standard Model, the MS QCD coupling o, depends on the renormalisation scale
lren through the relation

g = 2(a0), 6.1)
where
_ _ﬂ 2 bi 4 4
ﬁ (O{S) - (47T> as (47T>2a8 + O(a3)7 (52)
G — 11_§N, (5.3)

Ny is the number of active quarks i.e. the number of quarks with mass less than or equal

tO fren-

The solution can be written (see e.g. [80]) as an expansion in inverse L, where

2
L, = log ((A!(L"ifrs)?)’ such that

QCD
2 A B 1og (L) 1\*
(& (luren) - ﬁOLq (1 - 02Lq . ) + O (L_q) ) (55>

where Ag‘ég is a constant of integration, representing the scale at which the strong

coupling becomes strong. We find AgéD by numerically solving equation (5.5) for
a,(M3) = 0.118, giving the result ALy, = 227.0 x 1073 GeV.

We calculate Ag%D using the relation

—2/21 —107/1127
6  _ A0 m i
Agen = Agep (A(T> IQIOgA(T] : (5.6)
QCD QCD

which we derive from requiring that a(p2,) is continuous at u?_ = m? up to first
order terms. We find Alyy, = 94.42 x 1073 GeV for m; = 172.6 GeV. This method
gives as(m? = 172.6% GeV?) = 0.1077. This can be compared to the value a,(m? =
172.62 GeV?) = 0.1070 given by [84], which includes higher order terms.
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5.1.2 The running of the b-quark mass in the Standard Model

Calculating the gluon 1-loop correction to the b-quark mass in the on-shell scheme and
in the MS scheme gives a relation between the on-shell b-quark mass m?”* and the MS

b-quark mass my(firen),

2oy (12 :
mi,pole — mg(ﬂren) |:1 + % (4 + 310g (i;;;))] 5 (57)

Q b

which is valid if pe, ~ my. Performing the calculation in the dimensional reduction
scheme gives an expression for the DR b-quark mass which differs from equation (5.7)

in that the factor ‘4’ is replaced by a ‘5.

However, we will need to calculate the running bottom quark mass at the scales m;

and Mp,. This involves solving the renormalisation group equation for m; in order to

2
/*’/re2n
my

sum the terms log ( ) to all orders. For my < piyen < my this gives (see e.g. [80])

mb(,uren) = mb(mb)U](‘S) (mga ,U?en)a (58)
where
D,
(Ng)g 2 2 s (Hpen) \ Jy 2 2
0t = (2D (1 o) - aG). 69
12
Dy = ——— 5.10
; — (8982 — 504Ny + 40N7) (5.11)
- 3(33 — 2N)? ' '

For fiyen > my, the result is (see e.g. [80])

my(faen) = mo(mi)U}” (i, m})U (2, 7). (5.12)

Figure 5.1 shows the dependence of the running b-quark mass on the energy scale.
We can see a numerically insignificant discontinuity at pien = my, which is caused by

the higher order terms which we have neglected in equation (5.6).
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Figure 5.1: The running b-quark Standard Model MS mass as function of the energy scale
m. Note the small discontinuity at piyen, = my

b 7
o I
h,H, A \\\ b\ /
l;j ~
> g

Figure 5.2: SUSY QCD corrections induced by gluino and sbottom quark loops which can
be enhanced at large tan 3, (i,7 = 1,2)
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5.2 Resummation of SUSY QCD contributions

5.3 The Amy correction

The renormalised h; — bb decay involves loops containing gluons and sbottoms, as in
Figure 5.3. It is well known that, at large ¢, these SUSY QCD contributions can be
enhanced (see [85] and references contained therein). This is due to the fact that the
term myu, which is part of the off-diagonal component of the sbottom mass matrix, is

proportional to ¢s.

Since these effects are universal in that they affect neutral and charged Higgs equally
and are independent of kinematic configuration, we can incorporate this effect by writ-
ing a effective Lagrangian which includes a non-zero coupling of b-quarks to the Hj,

component of the Higgs field, as in [86,87],
- A
Eeﬂ‘ = _)\bbR |:H11 + #Hﬁg} bL + h.c. (513)
B
This leads to a new relation between the Yukawa coupling and the b-quark mass,

my = )\bvl (1 + Amb) . (514)

In previous studies, Am, was assumed to be real. However, our analysis will focus

on the general case, in which Amy is allowed to be complex. L.g can thus be rewritten

as
1 my - Amb
Log = ————bp|H ——H3, | b + h.c. 5.15
! (1+Amy) v R{ e ts 22} e (5.15)
(1 —ix) my- Amy,
= — —br |H ——H,,| by, +h.c. 5.16
() o "0 g TR 10
where x,y are real and given by
ImAmy
= — 1
YT 14 ReAm,’ (5:17)

y = ReAmy + xImAmy,. (5.18)
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Neglecting the term involving the Goldstone boson, this leads to

7 1 1 . 1 ree
Eeff c bm (|:1 — tatﬁy + 1y52 (1 + it ):| Uflbbh

tOl - ree
+ {1 + Y + iysx < )] vges H
B

1
+ [1-— X 5T < ) KﬁiA) (5.19)
B
where v¥°, vie® and ves are defined by
£ € b[ofeh 4 ol H + v Al b (5.20)

tree

Note that, in this convention, v, 7} contains a 75 dependence.

In order to find Am,, we perform a Feynman-diagrammatic calculation of the lead-
ing 1-loop gluino contributions to the renormalised h; — bb decays, using the p?> = 0
approximation and i = h, H, A. In this p? = 0 approximation, the b-quark self-energy

reduces to
SP=0(p) = w_SH0) + w, X (0), (5.21)

which leads to the on-shell counter-terms

Sy — % [S4(0) + £7(0)] = ReX!(0), (5.22)
67k, = {% (£4(0) - z’“(()))} _ %Ile(O), (5.23)
67, = {% ((0) 21(0))} _ %ImEl(O). (5.24)

Recall that X(p?) = X,(p?)* and that, in the p> = 0 approximation, the loop inte-
grals can be reduced to Ay integrals, which are real. Comparing this calculation to

equation (5.19) gives the structure of Am, as

5 41 oy
Ami = gia—,u*M*th (m mi ,m2) (5.25)
bL + acLL + bcLog (5
I(abe) = 2 08 (4) +aclog (¢) +belog (5) (5.26)

(a—c)(c—b)(b—a)
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We note, in passing, that the unrenormalised b-quark self-energy is finite and given
by

2_ .
Zg,g_o(m = my (Red; —insImAg), (5.27)
AmiX
Ay = = (5.28)
tah
41 oy . 5 ) N

i.e. it is proportional to the entire off-diagonal element myX, = my(A4, — u'ts) of
the sbottom matrix. [87] (which performs the calculation in the real MSSM) includes
an additional correction A; which is proportional to A,. [87] incorporates this into the
calculation as a higher order contribution through the substitution Am{ — Am{(14+A,).

We do not consider corrections of this type in this thesis.

5.3.1 Incorporating Electroweak corrections due to higgsino

loops

In the h; — bb decay, diagrams involving charged higgsinos also contain t3 enhanced
contributions [85,86]. We treat these analogously to the Amg corrections above. Com-

parison with the 1-loop Feynman-diagrammatic calculation in the complex MSSM gives

h a * *
Aml = 4—;At,u tgf(mgl,mi,mf), (5.30)
where
2
47
p, = ‘Mo e (5.32)

) B ﬂSﬂSWMW '

We note that the higgino contribution to the b-quark unrenormalised self-energy is

Zfﬁzo(p) = my (ReA;, — iysImA;) (5.33)
AmhX;
A; = —% (5.34)
t

At Sy 2
— —EXt,u tgl (mtgl,mt%, || ) ) (5.35)
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We therefore resum both the gluino and higgsino contributions by using a Am,,

correction of

Amy = Ami+ Am! (5.36)
411as .,
= 33K Mitgl <m§1,m§2,m§) +

a * *
ATl (i me uf?) . (5.37)

In Section 7.2.7 we will demonstrate the numerical significance of Amé in the CPX

scenario.

It is also possible to incorporate effects from loops involving winos in to Am, as
in [86] (or even winos and binos as in [85]). We do not choose to do this as they are
numerically small compared to the higgsino component [86]. However, since we will
explicitly calculate the 1-loop diagrams involving winos and binos when calculating the
full 1-loop h, — bb decay width, the effect of leaving them out of the Amy is of sub-
leading 2-loop order.

5.3.2 Am,y corrections in the Higgs Cascade Decays

There are a number of ways in which Am,, could be included in loop corrections involving
my in the h, — hyh. decay in the real MSSM. Care is needed to make sure that the
UV divergences still cancel, which means that corrections also need to apply to the m,

appearing in the sbottom mass matrix.

The simplest method would be to replace my, with my;/(1 + Am,;) in the entire cal-
culation. This method does not distinguish between the different types of Higgs and
would be incorrect in the decoupling limit ¢, — —1/tg, where the hbb coupling should
be independent of Amy,. This method would also give corrections to the b-quark masses

and b-squark masses in the propagators.

Alternatively, in the real MSSM, the UV divergences cancel in the h;h;h; vertex for
all 4,5 = h, H if only the Yukawa terms proportional to m} are kept and vertices are
given a factor ——~ <1 — Am”) or m (1 + i—gAmb) for each h or H they involve

1+Amy ta tﬁ
respectively.

Although the justification of this is not clear at present, this could be an interesting

line of investigation for the complex MSSM.
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We decide not to include Am,, corrections to the Higgs Cascade Decay vertex in our

numerical comparisons in the complex MSSM in this thesis.

5.3.3 Amy corrections in neutral Higgs self-energies

The program FeynHiggs [31,56-58] allows the user the option of incorporating Amy, in
to the neutral Higgs self-energies and this is recommended by the FeynHiggs authors.
Unless otherwise stated, we will use this option whenever we use FeynHiggs to obtain

self-energies.

In FeynHiggs, in the 1-loop option or the option involving 1-loop terms plus only
2-loop terms of O(asas) [55], Amy, is incorporated using an effective bottom mass of
mp/ |1+ Amy| [88]. For the case where other 2-loop terms are included [74-78], the
situation is more complicated as it is necessary to ensure that there is no double counting.
In both cases, the Am,, corrections have a large numerical effect on the neutral Higgs

masses in the CPX scenario.



Chapter 6

Higgs cascade decay

6.1 Introduction

Higgs self-couplings (triple Higgs couplings h,hyh. and quartic Higgs couplings h,hphchg)
are a crucial element of electroweak symmetry breaking via the Higgs mechanism. While
the prospects for a direct experimental determination of the quartic Higgs coupling at
present and future colliders is small (see, e.g., [89]), probing the triple-Higgs coupling
will be one of the prime goals in the experimental programme for testing the Higgs
mechanism. This coupling can be accessed via a precision measurement of the Higgs
production process ete™ — Zh,h, at the ILC [90]* or CLIC [91], and via Higgs cascade
decays of the form h, — hyh.. While Higgs cascade decays are obviously impossible in
the Standard Model, they can play an important role in models with extended Higgs
sectors, such as the MSSM.

Besides the interest in Higgs cascade decays as a means to directly probe Higgs self-
couplings, a precise prediction for decays of this kind is also important for phenomeno-
logical reasons. Where kinematically possible, these decays can even be dominant and
thus affect Higgs phenomenology very significantly. For example, in the region of CPX
parameter space 30 GeV S Mj,, S 50 GeV (which could not be excluded by LEP Higgs
searches [24], as discussed in Section 2.8), the hy — hyh; channel is the dominant hs
decay mode. Since the h; coupling to Z bosons is suppressed in this region of parameter
space, the extent of the unexcluded region is heavily dependent on the hy — hihy decay
width.

LAt collider energies of ~ 1 TeV, double Higgs production in WW fusion can also be important for
investigating the triple Higgs coupling [90].
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In order to reliably determine which parameter regions of the MSSM with a very
light Higgs boson are unexcluded by the Higgs searches so far and which regions will
be accessible by Higgs searches in the future, precise predictions for the Higgs cascade

decays h, — hyh. in the MSSM with complex parameters are indispensable.

As we discussed in detail in Chapter 4, loop corrections to the neutral Higgs mass
matrix M are well known for the real and complex MSSM and have been used to
find propagator corrections to processes involving external neutral Higgs particles, for
example through the use of the matrix Z or the matrix which diagonalises the mass

matrix.

However, the genuine vertex corrections to the triple Higgs decay can also be sizable.
In the real MSSM, the leading Yukawa vertex corrections and the complete 1-loop vertex
corrections have been calculated [92-98]. However, for the complex MSSM, previous to
the results described in this thesis, only effective coupling approximations were available
[99,100].

In this chapter, we calculate the full 1-loop vertex corrections within the Feynman-
diagrammatic approach, taking into account the full dependence on all complex phases
of the supersymmetric parameters. We include the full propagator corrections, using
neutral Higgs self-energies as provided by the program FeynHiggs [31,56-58] and we
consistently include 1-loop mixing with the Z boson and the unphysical Goldstone-
boson degree of freedom. For the numerical examples, we will use the hy — hihy
decay in the CPX scenario (as discussed in Section 2.8), since an understanding of the
characteristics of this decay will be useful in order to understand the exclusion plots
presented in Chapter 9, which are obtained by comparing the LEP cross-section limits

with our improved theoretical predictions.

6.2 Investigating the kinematic behaviour of the
hz — hlhl decay width

In order to understand the behaviour of the ho — hyhy decay width, it is necessary to
be familiar with its kinematic dependence. We use the general expression for 2-body

decays,

SplM?

F(ha - hbhc) 87TM2 )
ha

(6.1)



Higgs cascade decay 77

Colour: My, Colour: kinematic factor K
40 120 40 Ly v o by 0 by by by 0.012
30 30 4
100 0.01
20 20
80 0.008
218 = 2 1g o
E 8 = 4 60 E 8 = 0.006
6 = 6
5 - 40 5 0.004
4 4
3 20 3 0.002
2 +r——r—rrr—r—rr—r 0 2 +r——r—rrr—r—rr—r 0
100 120 140 160 180 200 100 120 140 160 180 200
My My

(a) (b)

Figure 6.1: Plot of tan [ against the charged Higgs mass Mg+ in the CPX scenario. (a)
colour bar shows the value of the lightest neutral Higgs mass Mp, (b) colour bar shows the
value of the kinematic factor K for the decay ho — hihy

where M is the matrix element. For identical final state particles, hy, = h,,

M, | 4M?
= e 1 - b 2
P 2 M,%a ’ (62)

and the symmetry factor S is % For the case hy, # h,,

1
po= gup VML M ML =2 (MM £ MEME 4 MEME). (63)

and the symmetry factor is 1. We define a factor K, which will be useful for studying
the kinematic dependence of I'(hy — hyhq),

9 1 A2
K = = 1— L 6.4
M2 T\ T g, (6-4)

Figure 6.1 (a) shows the lightest neutral Higgs mass M), (colour) in the CPX sce-

nario, as a function of tan 8 and charged Higgs mass My, . There is a sizable region
of unphysical parameter space (grey), in which a positive M}, can not be calculated in
this scenario. As this region is approached, M}, tends to zero. Figure 6.1 (b) shows

the kinematic factor K (colour) over this region. We can see that the hy — hyhy decay
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is only kinematically allowed in a narrow region of the CPX parameter space shown in
this plot. We can see this region more clearly if we plot K as a function of tan 3 against
M., as in Figure 6.2. Since we use tan 3 and My, as input parameters, we vary Mg,
iteratively to obtain the required M), for each parameter point. We begin the x-axis
at My, = 15 GeV as calculations in the region M), < 15 GeV are problematic, since
quantities such as the Higgs masses vary strongly with slight changes in other parame-
ters (it is unstable). Other experimental constraints (such as meson decays) also need
to be considered?. The very low M), region will not be relevant to our discussions in
Chapter 9, where we will be particularly interested in the effect of the new hy — hihy

vertex corrections on the unexcluded region found at 30 GeV < M, < 50 GeV.

In Figure 6.2, the edge of unphysical parameter space (grey) occurs at Mpy+ =
My CPX — 1000 GeV. However, the position of this edge on the M), — tan 3 plane is

. . .. . .. . .CPX
relatively insensitive to slight variations in M3 .

Figure 6.3 (a) and (b) show some of the features of Figure 6.2 in more detail. Fig-
ure 6.3 shows that the kinematic factor K (colour) decreases as My, approaches the
kinematic limit for the hy — hyh; decay. In Figure 6.3 (b), we see that the kinematic
factor K (colour) is roughly independent of tan 3 in the range 3 S tan$ S 25. This
relative independence of kinematics will be extremely useful when investigating the ef-
fect of loop corrections. Outside this region, K falls off dramatically. In the unstable
regions tan 3 < 2 and tan 3 2 34, very small variations in tan 3 have a huge effect on

the value of the Mg+ required to keep M}, constant.

It is worth noting that the region Mg+ < 200 GeV is not the only region of CPX
parameter space with a significant hy — hihy decay width. In Figure 6.4, we can see

that this decay is kinematically allowed for all values of tan § above Mg+ ~ 220 GeV.

6.3 Calculation of the genuine h; — hjh; vertex

contributions

We calculate the full 1PI (one-particle irreducible) 1-loop vertex corrections to the h; —
hjhy decay width within the Feynman-diagrammatic approach, taking into account the

phases of all supersymmetric parameters. h;, hj, hj, are some combination of the tree

2For a recent analysis of experimental exclusions in the very low M}, region of the CPX scenario,
see [101]
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Figure 6.2: Plot of tan 3 against the lightest Higgs mass M}, in the CPX scenario. My+ is
adjusted to give each Mj,, as required. The colour bar shows the value of the kinematic factor
K for the decay ho — hihq.

level Higgs propagators h, H, A. The programs FeynArts [41-43] and FormCalc [43,
45] are used to draw and evaluate the Feynman diagrams using dimensional reduction

and LoopTools [45] is used to evaluate the majority of the integrals. We use m, =

my(ms™ ) in the vertex corrections and when calculating sbottom masses and a top
mass of m; = my(m;) = m{* ™"/ (14 a,(m ")) in order to absorb some of the

higher order SM QCD corrections (see discussion in Section 5.1.2). We use a unit CKM

matrix and assume no squark generation mixing.

6.3.1 Leading corrections (Yukawa terms)

At low to moderate values of tan 3, the leading corrections to the h; — hj;hy vertex
are the Yukawa terms from the ¢, sector. These arise from the diagrams shown in

Figure 6.5.
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Figure 6.3: The kinematic factor K for the decay ho — hihy in the CPX scenario (a) as a
function of the lightest Higgs mass M}, for various values of tan 8 and (b) as a function of
tan 3 for various values of the lightest Higgs mass My, .

We calculate these contributions using the Yukawa approximation (as defined in Sec-
tion 6.3.1), in order to obtain compact analytical expressions for the leading corrections
to the h;hjh; vertex. To evaluate these corrections, we require 3-point scalar integrals
Cy at zero momentum, as given in Appendix A. We find that there are no counter-term

contributing to the h;h;h; vertex in this approximation.

We therefore arrive at the following expressions for the leading Yukawa corrections

in the ¢/t sector, for vertices involving the CP-even tree-level Higgs bosons:

3edm; Re [uX;]

Yuk 2
Avg 16161 _327T2MI?/’VS%VS%W —mZ {4miRe?[uX) €112 11200 + 3" Cria—122
(6.5)
3e3ms 1 J_
Yuk _ t ES t *
Avgl's v, = RNV S%VS% m% — mi {u,u (2 log (mt;) — 3Re [AtXt]CHQ_m)

—4miRe [ Xy (771112 1220 + Re [A; Xi]E11120-11292)
+2Im *[uXy]Cria—122 } . (6.6)
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Figure 6.4: Plot of tan § against the charged Higgs mass M+ in the CPX scenario. The
colour bar shows the value of the kinematic factor K in the decay ho — hi1hy
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Figure 6.5: Leading vertex corrections to the decay h; — hjhy, involving ¢/ t loops. (x,y,z =
1,2)

3e3m? 1 m;
Ay Yok = ¢ 2 sgeg log | —
$16202 167T2M§Vs%vs% mtg1 — mi B 550 208 m,
2
2 my 2 2 mg, 3 ¥
—s5Re [uXy] | ——5 (m7; —ms) —3lo —Ci12-1224: A
sgRe 11Xy (mtglmi (mtl th) g (m£2) + gtz 4e4,

+2miRe [AF Xy] (2D1112-1220 + Enr122-11220Re [A:Xt]»
—CgSgImQ[,UXt]Cllg_mg} s (67)
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3e3mi 1 mg, m;
A Yuk _ t 2 _ .2 231 t1 "o
Ugopocpo 167T2Ma/5‘%{/8% mtgl _ mth (mt1 mtg) 0g m2
ms 2
—3log <l) (At A7 + Re [A7 Xy]) — % (mif1 —m;
m£2 milmt~2
+3Re [A] X}] L?( 2 2)+1C AAT
t <\t mtglmi mg — my, 9 112—122A¢ Ay
2
—i-gmfRe [A7 Xy] (3D1112-1222 + Er1122-11222Re [A:Xt])) } , (6.8)
where
Vi = Ai+tpu’ (6.9)
2 .2 2 2 2 2 2
Diiz—1222 = Do (07070707m£17m£17m£17m£2) — Dg (070;0707m51>m527m527m52)
2 2
1 m; + m; 4 my
- ( tlz 2t2 T3 2 10g< tl)) ) (6.10)
2 (mtgl - mth) mfl m{g m£1 B mfg mt~2
2 .2 2 2 2
Ernzz-—11222 = Eo (0707070707m{17m£17m{17m£27m£2>
2 .2 2 2 2
— EQ (0, O, 0, O, 0, mfl, mil, mt~2, mt~2, mt~2>
1 1
2\ 22 (mz _m2>
t1 to t1 to
2 2
12 <m~ + m: ) -
S N (mtl) , (6.11)
2 2 m;
<mt21 — mi) (mfl - m£2> .
and mgl , are the stop masses under the Yukawa approximation, as given by equa-

tion (47) 6112_122 is defined in equation (48) D1112_1222 and 511122_11222 are functions

of Dy and Ej scalar integrals, which are defined in Appendix A and solved for zero

external momentum. Since we are describing a process with 3 external legs, Dy and Ej

do not appear explicitly in the Feynman diagrams. However, these functions are very

useful for simplifying the vertex expressions.

The 1-loop corrections to a h;h;hy; vertex involving at least one CP-odd eigenstate

are given by

ApYuk 3e3my Im [1X;] (
?_} =
$1614 3272 Mf,’vs%vs% mtg1 — mi

(up* — 2cgspRe [uXt]) Cria—122 + 4mt2Rez[uXt]511122—11222} , (6.12)
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3em; Im [ X] m;
ApYik t 9 1 my,
Uo1024 327T2M3VS%‘/8% mtgl - mt%Q {+ 656708 (m,g2
+ (2Re [ As] — cpsp (up” + ArA7)) Criz—122
+4m;Re [1X¢] (Di1a-1222 + Re [A; X]E11192-11222) } (6.13)
3em; Im [ X;] m?
A Yuk - t t —9 t 2 _ 2
b = gt —md |, )
ms
+2 (28% + 1) lOg (mtf) - (23%Re [A:Xt] + AtA:) C112_122
t2
—4m;Re [A; Xy] (2D1112-1202 + Re [A:Xt]511122—11222>} ; (6.14)
3e3m? 1 m;
Ay Yk L 2s2Re [uX] ( 21 W) — VY Cria
Vg AA SQWQM%/S%/S% mtgl — mth {0@3@ e [uXy 0og mi, t¥y C112—122
+21m2[uXt] (CﬁSﬁCl]_Q_]_QQ - 2mfRe [,UXt]€11122—11222)} ) (615)

3e3m? 1 M 1
Yuk _ t 2.2 [ 2 .2 i1 "2
AU@AA N 327T2M§V8§,V8% mtgl — t%g SpCp 2 <mt1 mt2) log 2

m
—2(Re[A} Xy] + Y3Y)) log (l) + YiY Re [A:Xt]cll2—122)

th

+2Im *[1Xy] (s3C112-122 + 2m; (Diniz—1222 + Re [A; X ]E11120-11222)) }

(6.16)
3e*m;  Im?[pX] mg
A Yuk - _ t t 3 2 2 21 t1 o Yy*c 3
VaAA BQWQM%/S%/Sg mgl — mi C3Sp 0g m;, tty L112-122
—4m{Im 2[,UXt]511122—11222} . (6.17)

These compact, momentum independent expressions have the advantage that they
are extremely easy to implement into a computer code and therefore make very conve-
nient ‘effective’ vertices. In this form, we are also able to see that, despite including the
effect of complex phases, these corrections are themselves entirely real. These vertex

corrections simplify considerably in the real MSSM.
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6.3.2 Full 1-loop 1PI vertex corrections

For the full 1PI 1-loop corrections to the h;h;hy vertex, we need the counter-terms shown
in Table 3.2 which were derived from the Lagrangian in Section 2.2. Note that, for
triple Higgs vertices with an external Higgs boson A, the field renormalisation constant
07 5 is required in order to ensure that the vertex is UV-finite. We have extended the

FeynArts [41-43] model files in order to include these counter-terms.

Examples of Feynman diagrams contributing to these vertex corrections are shown

in Figure 6.6.

h; ~ h; . h; N h
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Figure 6.6: Examples of generic diagrams (showing only one of the topologies) contributing
to the processes h; — hjhy. h;, hj, by are the physical Higgs fields at tree level (h, H, A), f
are SM fermions, f are their superparters, Y°, ¥ are neutralinos and charginos, V are vector
bosons, H denote the neutral and charged Higgs bosons and the Goldstone bosons, u are
Faddeev—Popov ghost fields.

We also investigated the effect of including loop-corrected Higgs bosons in the loop
corrections to the h;hjhy vertex, instead of the tree level Higgs masses. In order to
ensure the UV divergences cancelled, we transformed the couplings of the internal Higgs
to the other particles using the unitary matrix U from Section 4.6, through an appro-
priately adapted FeynArts [41-43] model file. For consistency, the loop corrected Higgs
masses used for these internal Higgs bosons were calculated using the mass matrix in
equation (4.47). These corrections were numerically insignificant in the examples inves-

tigated.
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6.4 Combining the 1PI vertex corrections with
propagator corrections to obtain the full h, — hyh,

decay width

We can combine vertices involving the tree level Higgs bosons h;, hj, hy with the wave-
function normalisation factors contained in the matrix Z, which contain self-energies
from the program FeynHiggs, in order to obtain processes involving the loop-corrected

states hg, hp, he as the external particles (as discussed in Section 4.5).

These ‘Z-factors’ can be used in conjunction with tree level vertices F‘;ff}fj n, (given in

Table 3.2) using (sum over i, j, k)
T = ZenZi Zai T3 1, - (6.18)

We obtain our full result by combining the genuine 1-loop vertex corrections F}f }{j hy,

and the vertex involving 1-loop Goldstone and Z boson self-energy contributions Fi’fjﬁk

with the Z-factors, such that (sum over i, j, k)
full 7 g PI 2 2 2 G,Zse 2 2 2
Fhahbhc — ZCkZb]ZaZ [F}Lzhghk (th,’ Mhb’ Mh,,) + thhjhk (mhz, mhj, mhk):| . (619)

The genuine 1-loop vertex corrections F}};{j n,, contain full momentum dependence and

therefore depend on the loop-corrected masses M7 , M ﬁb, M} . However, as discussed in
detail in Section 4.7, Fifjﬁk are calculated by approximating the external momenta to

the tree level values m? ,m? .m? .
hir ""%hyo hy

6.5 Numerical Results

We will now investigate the importance of the full 1-loop genuine corrections through
their numerical impact on the hy — hih; decay width. All the results plotted in this
section include the wave-function normalisation factors, through the matrix Z. The
case where only wave-function normalisation factors but no genuine one-loop vertex

contributions are included will be denoted ‘tree’.

Figure 6.7 compares the ‘tree’ result with the result which includes the genuine vertex

correction and all propagator corrections, as described by equation (6.19). In Figure 6.7
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(a), we can see that both the full and ‘tree’ ho — hyhy decay widths have a strong
dependence on tan 8 and both have a similar pattern of peaks and minima. However,
the behaviour of the ‘tree’ result is shifted with respect to the full result. For example,
the decay widths drop to zero in the low tan § region of the graph at tan = 2.7 and
tan 3 = 4.3 respectively. Quantitatively, the results are also very different. For example,
the peak in the ‘tree’ decay width at medium values of tan /3 is approximately 13% of the
corresponding peak in the full decay width. We disregard the behaviour at tan 3 < 2
and tan 8 2 34, since we concluded from Figure 6.3 that these regions of parameter

space are unstable.

In Figure 6.7 (b), we can see that both the ‘tree’ and full decay widths decrease as
the lightest Higgs mass M}, increases, governed by the kinematic dependence we saw
in Figure 6.3 (b). Again, the ‘tree’ level result is heavily suppressed compared to the
full result. We can conclude from Figure 6.7 that calculations which just combine the
propagator corrections with the tree level vertex are an extremely poor approximation
to the full result.

In Figure 6.8, we focus on the peak in the full hy — hih; decay width at tan G ~ 8,
which has a significant effect on the LEP exclusions in the CPX scenario, as we will see

in Chapter 9. We can see that the Yukawa corrections (labelled ‘Yukawa’) provide the

Mh1=30 GeV tﬁ=6
10 F— T T T T T T T3 0.14 T T T T T
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Figure 6.7: The decay width I'(ha — hih1) in the CPX scenario (a) as a function of tan 3
at My, = 30 GeV and (b) as a function of M}, at tg = 6. My is adjusted to give each Mj,
as required. ‘tree’ indicates that the tree level vertex corrections have been combined with the
propagator corrections while ‘full’ includes full vertex corrections and propagator corrections.
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Figure 6.8: I'(ha — hih;) as function of tan 3 for My, = 30 GeV in the CPX scenario.
Result including the full vertex corrections is compared to the result including just the leading
vertex corrections, which are calculated using the Yukawa approximation (‘Yukawa’), the ver-
tex corrections from loops involving top, stop, bottom, sbottoms (‘t,st,b,sb’) and the vertex
corrections from loops involving all Standard Model fermions and their superpartners (‘f,sf’).
All results included propagator corrections.

leading contributions to the full Ay — hih; decay width, as expected. However, the peak
in the decay width calculated using Yukawa approximation is only ~ 73% of the peak
in the full decay width. Including all vertex contributions for ¢,,b,b loops (‘t,st,b,sb’)
gives a better approximation, predicting a peak in the decay width which is ~ 84% of
the full result. We can see that, numerically, there is relatively little difference between
including all Standard Model fermions and their superpartners in the loop corrections
(‘f,sf”) and just the t,, b, b contributions.

In Figure 6.9, we investigate the significance of some of the choices we made when per-
forming the h, — hyh. decay width calculation. As discussed in Section 3.3.3, for the full
result, we parametrise our result in terms of an electric charge calculated from a(My),

whereas for calculations involving only Standard Model fermions and their superpart-
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Mh1=30 GeV, Yukawa Approx.
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Figure 6.9: I'(hy — hihy) as function of tan 3 for My, = 30 GeV, using vertex corrections cal-
culated in the Yukawa approximation. All results include propagator corrections. ‘G g, my(my)’
indicates that the vertex corrections have been parameterised in terms of an electric charge
calculated from the experimental value of G and a running top quark mass evaluated at the
scale my. ‘a(Myz), m¢(m;)¢ indicates that the vertex corrections have been parametrised in
terms of an electric charge calculated from «(Mz) and m;(m;) as before and ‘G, on-shell m;’
indicates that the calculation has been parametrised in terms of an electric charge calculated
from Gr and an on-shell top quark mass.

ners (such as calculations performed with the Yukawa approximation), we parametrise
our result in terms of an electric charge obtained from the experimental value of the
Fermi constant Gp. In Figure 6.9, we can see that this has a numerical effect of ~ 7%
at the peak in the hy — hih; decay width. As we have discussed, we also chose to use
a running top mass of m; = my(m;) in the calculation, in order to absorb some of the
higher order SM QCD corrections. Since the Yukawa corrections are proportional to m?
or mY, it is unsurprising that using a top mass of m, = m¢ **! has a large numerical

effect, as we can see from Figure 6.9.
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M;,,=30 GeV, fermions and sfermions

| | | | | [ 2
0.14 - fullp -
p™=0
0.12 g
> 01 |
o |
< 0.08 [t
s
T, 006 H
£ -\
~ i
0.04 H
0.02 |}
O I"w. | | | | |
4 5 6 7 8 910 20
tanp

Figure 6.10: T'(ho — hih1) as function of tan 3 for M}, = 30 GeV in the CPX scenario, using
propagator corrections and fermion/sfermion contributions to the vertex corrections. ‘full p?’
indicates that the full momentum dependence was taken into account while ‘p“ = 0’ indicates
that the external momentum was approximated to zero in the vertex corrections.

In Figure 6.10, we compare the contribution from fermion and sfermion loops with
the full momentum dependence to the result under the approximation of zero external
momentum. At the peak in the hy — hoh; decay width, the p?> = 0 approximates the
full f, f result to an accuracy of 2%. This approximation could be very useful in making
an effective triple Higgs coupling, which would approximate the full result significantly

better than an effective coupling made using the Yukawa approximation.

In Figure 6.11 and Figure 6.12 we investigate the dependence of the hy — hyh; decay
width on other SUSY parameters. We choose the parameters A;, u and Msysy, since

these all appear in the leading corrections, as we can see from equation (6.5)—(6.17).
Figure 6.11 (a) shows that varying arg A; by 10% has a highly significant effect on the
ho — hyhy decay width, through shifting the minimum and the peak at moderate tan 3 to

higher values of tan § as arg A; increases. The magnitude of the peak at moderate tan 3

89
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Figure 6.11: I'(he — hih1) as function of tan 8 for My, = 30 GeV and various values of (a)
the phase of the trilinear coupling ¢ 4, and (b) the absolute value of the trilinear coupling |Ay|.
(All trilinear couplings are set to these values, other parameters are as for the CPX scenario)
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Figure 6.12: I'(hg — hih;) as function of tan § for My, = 30 GeV and various values of
(a) the higgsino mass parameter p and (b) the soft SUSY breaking parameter Mgysy. (Other
parameters are as for the CPX scenario.)

decreases as arg A; increases. This dramatic dependence on a complex phase emphasises
the importance of including complex phases in the calculation. In Figure 6.11 (b), we

see that increasing |A;| also shifts the minimum and the peak at moderate tan/ to
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higher values of tan 5. However, in this case, the magnitude of the peak at moderate
tan 3 increases as arg A; increases and the gradient of the decay width at higher values
of tan (§ varies significantly. Varying p has a similar qualitative effect to varying |A|,
as we can see in Figure 6.12 (a). In Figure 6.12 (b), we can see that increasing Msysy
by 10% dramatically increases the ho — hih; decay width and moves the two points at
which the decay width falls to zero to closer values of tan 3. We will return to these
plots in Chapter 9 in order to explain the variation in the size and shape of the region

of CPX parameter space at tan 3 ~ 8 which the LEP results are unable to exclude.

As discussed in Section 6.3, we also investigated the effect of including loop-corrected
Higgs bosons as internal particles. In the range 2 < tan 8 < 30, for My, = 30 GeV, we
found that this changed the hy — hihy decay width by less than 0.3%, apart from in
the immediate vicinity of the point at which the full decay width drops to zero.

6.6 Conclusion

In this section, we have calculated the full 1-loop vertex corrections within the Feynman-
diagrammatic approach for the process h, — hyh., taking into account the full phase
dependence of the supersymmetric parameters. These vertex corrections incorporate
the full momentum dependence. We have included the full propagator corrections, using
neutral Higgs self-energies as provided by the program FeynHiggs [31,56-58] and we have
consistently included 1-loop mixing with the Z boson and the unphysical Goldstone-
boson degree of freedom. Our results are currently the most precise predictions for
the h, — hyh. decay width. These results will be included in the program FeynHiggs
[31,56-58].

We have found that the genuine vertex corrections to the triple Higgs vertex are
numerically very important. Their inclusion changes the predictions for the decay widths
very drastically, compared to an approximation which is based solely on propagator-
type corrections and tree level vertex corrections. Using the corrections obtained in the
Yukawa approximation yields a prediction for the decay width which is closer to the full
result, but we still find deviations of ~ 27% in the example of the CPX parameter space
at tan 8 ~ 8, My, ~ 30 GeV, which will be particularly relevant to LEP exclusions
discussed in Chapter 9.
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We have also presented two effective coupling approximations in the complex MSSM.
The Yukawa approximation includes all leading corrections and can be expressed in a
very compact form, thus providing a very convenient way to go beyond the tree level
vertex contributions. The effective coupling created from the full fermion/sfermion ver-
tex corrections at zero incoming momentum is a more sophisticated effective coupling
approximation. These effective couplings can be used for determining accurate cross-
sections for processes such as ete™ — hyZ — hih1Z at the ILC, which provide a way
to directly access the Higgs self-couplings and thus investigate a crucial element of the

Higgs mechanism.



Chapter 7

Higgs decay to SM fermions

7.1 Introduction

The fermionic decay modes of the neutral Higgs bosons are crucially important to collider
phenomenology. These modes have been used when obtaining a lower bound on the
Standard Model Higgs mass [17] and to exclude large regions of MSSM parameter space
[24,102,103]. In particular, an accurate prediction for the Higgs decay to b-quarks has
been vital for these analyses, since, for Standard Model Higgs bosons with mass less
than about 130 GeV and for a variety of SUSY scenarios, h, — bb is the dominant
decay mode, and the resulting b-jets can be tagged in the detector. The decay to 7-
leptons can also be useful for providing exclusions, such as those found recently for
various benchmark MSSM scenarios in the high tan 3 region at the Tevatron [104,105].

In the Standard Model, the fermionic decay width is extremely well known (for a
review, see [106] and references therein) and much of the analysis for the photon and
gluon contributions to the process involving the Standard Model Higgs also apply in the
MSSM. As we discussed in Section 5.3, the SUSY QCD corrections can be sizable for
the h, — bb decay and should be resummed (see, for example, [87], for an investigation
into these effects). Results supplemented with leading 2-loop propagator corrections [82]

and full electroweak contributions [107] are also available in the real MSSM.

The program HDecay [108] provides h, — ff decay widths for the Standard Model
and the real MSSM. For the complex MSSM, the program CPsuperH [59], is available.

This calculation involves effective h,ff couplings, as described in [100].

93
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The program FeynHiggs [31,56-58] calculates the h, — ff decay width using the
Feynman-diagrammatic approach, including the most significant QCD corrections, re-
summed SUSY QCD corrections and propagator corrections incorporating the full neu-
tral Higgs self-energies. This calculation is valid in the real and complex MSSM. How-

ever, it does not currently include the full 1-loop electroweak vertex corrections.

Therefore, in this chapter, we calculate the full 1-loop electroweak vertex corrections
to the h, — ff decay width in the complex MSSM, including full phase and momentum
dependence, for eventual inclusion in FeynHiggs. We supplement these new corrections
with 1-loop QED, SM QCD corrections, propagator corrections calculated using neu-
tral Higgs self-energies from FeynHiggs and 1-loop propagator mixing with unphysical
Goldstone bosons and Z bosons. We include resummed SUSY QCD corrections with full

phase dependence.

7.2 Calculation of the h, — bb decay width

7.2.1 Tree level

At tree level, the h; — bb decay width is given by

N, c M, ha 1 4mz

ree 7 ree |2

The mass dependence of the squared matrix element |/\/ltree\2 will be affected by the CP
properties of the Higgs boson.

7.2.2 Standard Model QED corrections

The real and virtual QED contributions to the Standard Model H — bb decay width

lead to the 1-loop correction

) _ M
STqen(H — bb) = Dol H — bb)%@i <—310g( a 9) ,

mb(mb)
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for M% >> my, as derived by [109]. In this limit, this equation holds for both scalar

and pseudoscalar Higgs [107]. We will therefore use the correction term

dan = 203 (~3lon( 2 + ) (73)

mb(mb) 4

in our MSSM calculation.

7.2.3 Standard Model QCD corrections

If the factor Q7« in equation (7.2) is replaced by the factor Crag(My), the expression
for the 1-loop QCD correction to the H — bb decay in the Standard Model is obtained,
as shown by [109]. Cy = £ is a colour factor and the running coupling o, (M%) is given

by equation (5.5). Including the tree level result gives

_ Ftree — 7 2 M
FQCD(H N bb) — |: (ha bb):| mi,tree |:1 + Oés(iren) Cf <_3 log(—H) _'_ g):| ,

mi,tree me 4

where we have removed the dependence on the tree level Yukawa coupling from the term

in the square bracket.

This equation is not valid in the mass range we are interested in, My >> my,.

However, substituting equation (5.7) into equation (7.4) gives

_ Ftree ha N b[_) Qg ?en M 68
Taop(H — bb) = {%] i (iven) [1 + = (4M ) (_16log(u LA 3)] )

b ™

and we can choose e, = My in order to cancel the logarithmic terms.

In practice, we parametrise our calculation in terms of my, = my(My,,), where my(M,,)
is found using equation (5.8) or equation (5.12). Therefore, in order to encompass the
full 1-loop Standard Model-like QCD corrections in our calculation, we will need to add

a correction

17 (M7 )
0 = e .
aon = 2 2 (76)

to the h, — bb decay width.
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Our method differs from that of [82], which includes some higher order terms in
as(mg)

s (Mga) .
differs from [87], which includes terms proportional to o?. However, some of these terms

as(p2,) and my(pieen) and an extra term proportional to Our method also

depend on the CP properties of the Higgs, and thus are not trivially extendable to the
complex MSSM. Both [82] and [87] restrict their analyses to the real MSSM.

7.2.4 Full 1-loop 1PI h; — bb vertex corrections

FlPI,l—loop
hibb ’
we use the counter-terms shown in Table 3.3 and Table 3.4. Note that the counter term

In order to calculate the 1 particle irreducible vertex corrections at 1-loop,

0Z ¢ is required. We include the full MSSM, apart from 1-loop diagrams involving
gluons or photons since we have treated these contributions separately. We include all
complex phases. As discussed above, we use my(M;,) in these corrections in order to
absorb some of the higher order terms. As before, we use a unit CKM matrix and include

no squark generation mixing.

7.2.5 Resummed Am, corrections to h; — bb

In order to resum the leading SUSY QCD (and higgsino) corrections for the limit of
large tan 3 in the limit of heavy SUSY particles, we use the effective couplings which
we derived in Section 5.3. However, as we are combining with the full genuine vertex
corrections, we need to make sure we are not counting the 1-loop corrections involving

gluinos or higgsinos twice. Therefore, we use effective couplings

Amy, 1 1 1 + . 1 + 1 tree
U+ = —|1-— Y5 T — || %
hbb 1+y tat@y 75 tots hbb
1 1
— |ReAm, [ —1 — + iy ImAmy, [ 1+ — ) | v, (7.7)
tatp tatp
1 t t
Am, a . e ree
UHBbb = m |:1 + %y + VY5 <1 — %):| U}:{Eb
ta . tOt ree
— [ReAmb <—1 - %) + iy5ImAmy, (1 — %)] Ve (7.8)
1 1 1
Amy, . tree
Yabb = sy +ipe (1 + _2> UAbb
1+y s ts

UKSIC;, (7.9)

1 1
ReAmb (-1 + —2> + i%lmAmb (1 + —2>
£ £
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where the second line in each equation cancels the 1-loop terms. Recall that x,y are

real and given by

ImAmb
= - 2 7.10
v 14+ ReAm,’ (7.10)
y = ReAmy + xImAmy, (7.11)
4 1 as * « * ok
Amy = 35~ W Mstgl <m mi m2) + ﬁAt,u tgl (mtgl,mi, \,uﬁ) . (712)

(See Section 5.3 for full description of notation.) Following the procedure in the program

FeynHiggs [31,56-58], we will use a,(m?) in Amy,.

7.2.6 Combining these contributions with propagators to
obtain the full h, — bb decay width

which includes
1PI,1—loop
h;bb

which are due to h;Z or h;G mixing. This is combined

The amplitude A;,_; is found by adding the Am,, corrected coupling vh o (

the tree level result) to the 1 particle irreducible 1-loop vertex corrections I and

G,Zse
Fh bb

with propagator corrections dependent on neutral Higgs self-energies, which we obtain

the 1-loop corrections
from FeynHiggs and incorporate through the matrix Z, such that
Uhbb hibb hibb

AhabE _ Z [ Amy, + FlPIl loop (M2 ) + FG Zse (miz):| ) (713)

1PI,1—loop G,Zse
h;bb and ;" hibb

combined with the external fermion wavefunctions, then we take the squared modulus

The arguments to I’ denote the external momenta used. A, is

and sum over external spins in the conventional way to get |M, ,;|%.

The full h, — bb decay width is thus found using

NC Mha 1 4777%

rflh, —bb) = [1+6 ) — |2 14
(hi — bb) [1 + dqep + dqep) ST 2 i Ml (7.14)

which is an extension of the method used to combine QED, QCD and Z-factor corrections
in [82].
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7.2.7 Numerical Results

We shall first investigate the effect of the SM QCD and QED corrections. Figure 7.1
shows the H — bb decay width in the Standard Model as a function of Higgs mass,
using the SM QED and QCD corrections described in equation (7.2) and equation (7.5)
respectively (‘QED, QCD?’). This is compared to the tree level result (‘tree’) and result
if only SM QCD corrections are included (‘QCD’). For the purposes of this comparison,
we parametrise the calculation in terms of a(M%) '. We find that the inclusion of the
SM QCD effects reduces the decay width considerably, whereas the QED contributions
are comparatively insignificant. We compare these results to those obtained from the
publicly available program HDecay [108]. HDecay includes SM QCD corrections at order
a? and o2, and thus gives a more sophisticated treatment of the SM QCD corrections. 2
We should consider the difference between the HDecay SM H — bb decay width and the
decay width we obtain using equation (7.2) and equation (7.5) as a possible theoretical
uncertainty and bear in mind that the H — bb decay width could be increased by about
10% due to these additional QCD corrections (the difference is 12% at My = 100 GeV
and 9.1% at My = 300 GeV).

We now consider the full MSSM h, — bb decay widths in the CPX scenario. Fig-
ure 7.2 illustrates the hy — bb (upper), hy — bb (middle) and hs — bb (lower) decay
widths as a function of charged Higgs mass for tan § = 10 (left) and tan 5 =30 (right).
All results include the propagator corrections, incorporated via the matrix Z. The decay
widths calculated by combining tree level vertices with propagator corrections are de-
noted ‘tree’. We note that the hy and hy decay widths have steep gradients at tan 5 = 10,
Mpy+ ~ 167 GeV due to a ‘cross-over’ effect in the masses (i.e. My, and M}, approach
each other). At tan 8 = 10, M}, ~ 160 GeV, hy is mostly A, hy is mostly h and hs is
mostly H whereas at tan 3 = 10, M}, ~ 180 GeV, hy is mostly h, hy is mostly A and h3
is mostly H.

Figure 7.2 also illustrates that including the QED and SM QCD corrections (‘tree,
QED, QCD’), causes a suppression in the h, — bb decay widths, as expected from our

discussion of Figure 7.1.

'We compared this to the result from parameterising the calculation in terms of G and found an
insignificant numerical effect compared to other uncertainties in the calculation.

2The H — bb calculated in HDecay also includes leading SM electroweak contributions. However, the
effect of these terms is numerically insignificant [108].
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Figure 7.1: The H — bb decay width in the Standard Model. The lines labelled ‘QED,QCD’
and ‘QCD’ include only the corrections described in equation (7.2) and equation (7.5). The
line labelled ‘tree’ does not include these terms. The line labelled ‘HDecay’ has been obtained
using the program HDecay [108].

Including the resummed Amy, contributions (‘tree, QED, QCD, Am,’) has a very
significant impact, as shown in Figure 7.2. These contributions have the greatest effect
on the hy — bb decay width at tan 3 = 30, My+ ~ 200 GeV, where the suppression
reaches an order of magnitude. We would expect the Amy contributions to be more
significant at tan 8 = 30 than at tan 3 = 10, since Am, is proportional to tan 3, and
this is reflected in the results. Note that, for different SUSY parameters, it would be
possible for the resummed Amy corrections to cause an enhancement in the h, — bb

decay width, rather than a suppression.

Figure 7.2 also includes the full decay widths (‘full’), which combine the propaga-
tor, QED, SM QCD, SUSY QCD corrections with the full electroweak genuine vertex
corrections, as described by equation (7.14). This is almost indistinguishable from the
‘tree, QED,QCD,Am;’ result, apart from in the hy — bb decay width at tan 3 = 30,
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Mpy+ ~ 200 GeV, where the full decay width is just 57% of the size of the ‘tree, QED,
QCD, Amy’ result. The full result also includes propagator-type mixing with the Gold-
stone and Z boson. However, we have confirmed that this effect is numerically insignifi-

cant in all the examples plotted here.

In Figure 7.3, we consider the Am, corrections to the hy — bb decay width in
more detail, at tans = 10 (a) and tan3 = 30 (b). All results shown in this plot
include propagator, QED, SM QCD and resummed Am, corrections. However, the
composition of Am,, is varied. In Figure 7.3 (upper graphs), we can see that the result
obtained when including just gluino corrections to Am,, is a good approximation to the
result obtained if both gluino and higgsino corrections are included, but the difference
is non-negligible. The lower graphs in Figure 7.3 include just the gluino contribution
to Amy and vary the scale at which the strong coupling constant is evaluated, from m;
(default) to o (M ), which is the value of o used in the SM-like QCD corrections and
(5 (my, +my, + mg)z), which is used in [87]. The plots show that the choice of scale
in Amy, can have a sizable impact. Changing the scale from my to 3 (m;, + my, +mg)
increases the hy — bb decay width by 8% for tan 3 = 10 and up to 35% for tan 8 = 30

(for Mp+ < 135 GeV). We should consider this as an uncertainty in our calculation.

Figure 7.4 shows that using the full h, — bb calculation, as described in equa-
tion (7.14), differs from the result obtained if only propagator, QED, SM QCD and
Amy, corrections are included by less than 6.5% in all the numerical examples discussed
above apart from the case h, = hq,tan = 30. In this latter case, the difference can be
over 70%. This occurs at a very low decay width of I'(h; — bb) = 0.00066 GeV.

Figure 7.5 demonstrates the dependence of the hy — bb decay width on the phase of
the trilinear coupling A;, focusing on the minimum in the decay width at T'(h; — bb) =
0.00066 GeV, where the full result (full lines) differs significantly from the result which
includes just propagator, QED, SM QCD and Am, corrections (dashed lines). The
dependence on the phase A; is pronounced, which is due in particular to the propagator

corrections.
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Figure 7.2: The h, — bb decay width in the CPX scenario as a function of the charged Higgs
mass. ‘tree’ denotes the tree level result corrected by Z-factors. ‘tree, QED,QCD’ also includes
the SM-like QED and QCD corrections and ‘tree,QED,QCD,Am;’ additionally includes the
resummed Amy, contribution. ‘full’ denotes the full result, as described by equation (7.14).
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Figure 7.3: The hy — bb decay width at tan3 = 10 (a) and tan8 = 30 (b), including
propagator, QED, SM QCD and resummed Amj corrections. In the upper graphs, ‘gluino
and higgsino’ indicates that both the gluino and higgsino contributions are included in Amy,
whereas, in the ‘gluino only’ result, only gluino contributions have been included in Amy. In
the lower graphs, only gluino contributions are included in Amy and the scale at which the
s is calculated within Amy, is varied. We show results obtained using as(m?) (as used in the

upper graphs), aS(MIEQ) and a,(¢®) where ¢ = % <m51 +my, + mg). (CPX scenario)
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Figure 7.4: The difference (AT giperew) between the full h, — bb decay width (I'yy) and the
decay width including Z-factors, QED, SM QCD and Amy corrections only, as a fraction of
the full decay width. Results are shown for tan § = 10 and tan 8 = 30. (CPX scenario)
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Figure 7.5: The h; — bb decay width in the CPX scenario as a function of the charged
Higgs mass, for various values of the phase of the trilinear coupling A;. The full decay widths
(as described by equation (7.14)) are shown with solid lines and the decay width including
Z-factors, QED, SM QCD and Amy, corrections only are shown with dashed lines.
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Figure 7.6: The difference (ATl gtherew) between the full by — 7777 decay width (T'gy) and
the decay width including Z-factors and QED corrections only, as a fraction of the full decay
width. Results are shown for tan 8 = 10 and tan § = 30. (CPX scenario)

7.3 Calculation of the h, — 777~ decay width

The calculation of the h, — 777~ decay width is similar to that of the h, — bb decay
width, with the simplification that no QCD corrections are required. We calculate the
full 1-loop genuine vertex corrections and supplement these with propagator corrections
(including 1-loop mixing with Goldstone and Z bosons) and QED corrections. As before,

we have included all complex phases.

7.3.1 Numerical Results

Figure 7.6 compares the h, — 777~ decay width from the full calculation with the result
obtained if only propagator and QED corrections are included. As before, we use the
example of the CPX scenario, with tan 3 = 10 and tan # = 30 and 100 GeV < Mpy+ <
350 GeV. For tan § = 10, neglecting the extra electroweak 1-loop vertex corrections and
1-loop propagator mixing with G, Z bosons changes the result by less than 4%, whereas
for tan 3 = 30, the result changes by less than 1.5%.
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7.4 Conclusion

We have presented the full 1-loop electroweak vertex corrections to the h, — ff decay
width in the complex MSSM, including full phase dependence. Although we have found
that these corrections are small in the numerical examples we have considered, these
contributions will be incorporated in to the program FeynHiggs. We have supplemented
these new corrections with 1-loop QED, SM QCD corrections, propagator corrections
calculated using neutral Higgs self-energies from FeynHiggs and 1-loop propagator mix-

ing with unphysical Goldstone bosons and Z bosons.

We also included resummed SUSY QCD corrections with full phase dependence. We
note here that this method could also be used to preserve the phase dependence of
the resummed SUSY QCD contributions in Higgs radiation off b-quarks, which is the
dominant production mechanism for supersymmetric Higgs bosons in hadron colliders

at large values of tan 3 (see [85] for a recent analysis in the real MSSM).

These h, — bb and h, — 717 decay widths will be combined with the h, —
hyh. decay widths as calculated in Chapter 6 and used in conjunction with the LEP
topological cross-section limits in Chapter 9 in order to investigate the experimentally

excluded regions of parameter space in the CPX scenario.



Chapter 8

Higgs branching ratios

8.1 Introduction

Accurate predictions for Higgs branching ratios are vital for Higgs phenomenology. In
particular, they are frequently required as part of calculations of cross sections of collider
processes involving the production and decay of an on-shell Higgs boson, which are often
performed using the narrow width approximation (this is described in more detail in
Appendix B). In Chapter 9, we will use Higgs branching ratios for the CPX scenario in
conjunction with the LEP topological cross section limits. In order to understand the
resulting exclusions, it will be necessary to refer to the behaviour of the contributing

branching ratios.

We combine the h, — hyh. decay widths calculated in Chapter 6! with the h, — bb
and h, — 7771 decay widths calculated in Chapter 7. As we have discussed, these decay
widths include the full 1-loop genuine vertex corrections and are combined with prop-
agator corrections obtained using neutral Higgs self-energies from the program Feyn-
Higgs [31,56-58], which include the leading 2-loop contributions. The 1-loop propa-
gator mixing with Goldstone and Z bosons is also consistently incorporated. These
results take into account the full phase dependence of the supersymmetric parame-
ters. For the h, — bb decay width, the Am, corrections are resummed in a way that
preserves the phase dependence. We take all other decay widths from the program
FeynHiggs [31,56-58].

!Note that, although we have calculated I'(hz — hohy) explicitly here, unless otherwise stated, we do
not calculate it explicitly in the parameter scans in Chapter 9, as it will rarely be relevant.
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Figure 8.1: Branching ratios of the lightest neutral Higgs boson in the CPX scenario. Top
left: Br(hy — bb), top right: Br(hy — 7777), lower center: sum of Br(h; — bb) and Br(h; —
Trro).

8.2 Numerical results

Figure 8.1 (a) and (b) show the h; — bb and h; — 777~ branching ratios respectively,
plotted on the M, — tan3 plane in the CPX scenario. As expected, the h; — bb
decay process is dominant, although the contribution from the h; — 777~ decay is
non-negligible. These are the significant decay modes for the lightest Higgs boson in
the CPX scenario, as can be seen Figure 8.1, which shows that the sum of these two
branching ratios is close to one across the whole of the Mj, — tan 3 plane. Notice also

that there are some points within the CPX parameter space that are shown here without
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Figure 8.2: Branching ratios of the second lightest neutral Higgs boson in the CPX scenario.
Top left: Br(hg — hihy), top right: Br(hg — bb), lower left: Br(hy — 7F77), lower right: sum
of Br(hy — hihy), Br(hy — bb) and Br(hy — 7777) branching ratios

a branching ratio value and that the edge of the allowed parameter region is uneven.
These are points where either the mass calculation or the Z-factor calculation failed
because the terms involving double derivatives of self-energies were non-negligible, as
described in equation (4.26). Since this is only relevant for a very small number of
parameter points and conveys interesting information about the stability of the Higgs

sector in these places, we leave these features in in the majority of our scans.

Figure 8.2 illustrates the pronounced dependence of the hy — hqh; branching ratio

on tan # and Mj,. Comparison with Figure 6.2 shows that this decay mode is significant
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and often dominant in almost all of the regions where it is kinematically allowed. In
this region, we can see that the characteristics of the hy — hyh; branching ratio are
determined by the behaviour of the hy — hih; decay widths, which were illustrated in
Figure 6.7. Note, in particular, the two narrow regions of very low ho — hih; branching
ratio, which occur at tan (8 ~ 4.3 and tan 8 ~ 31, where the ho — hih; decay width
tends to zero. Figure 8.2 also demonstrates that the behaviour of the ho — bb branching
ratio is, to a very good approximation, determined entirely by the hy — hih; decay
width where it is allowed kinematically. The hy — 717~ branching ratio is small, but
non-negligible in regions where the hy — hihy decay width is suppressed. Figure 8.2
also shows that the hy — bb, hy — hih; and hy — 777~ decay modes dominate the

total he width across the majority of the CPX parameter space.

Figure 8.3 shows the branching ratios for the hs — hihy, hs — hohy, hs — bb and
hs — 7777 decay modes. Note that the Higgs cascade decays dominate in the majority
of the region where they are kinematically allowed. The hs — hih; branching ratio has
a narrow region at tan 3 ~ 4.5 in which the hs — hih; decay is kinematically allowed,
but the decay width is suppressed, characteristically similar to the suppressed regions
we observed in the hy — hihy branching ratio. Once again, the behaviour of the hg — bb
decay width is governed by the behaviour of the Higgs cascade decays where they are
kinematically allowed. In particular, hz can be relevant to the LEP exclusions in the
region 10 S tan 8 S 30, My, < 60 for variations on the CPX scenario. In this region
of parameter space, the hy — hihy decay width is crucially important to the hy — hih;
and hs — bb branching ratios. Figure 8.3 also confirms that, once again, the Higgs decay
to tau-leptons is non-negligible in regions of parameter space where the Higgs cascade
decay are suppressed. We can see that there is also a region tan 3 < 5 at moderate to
high values of Mj, in which other decays begin to contribute significantly to the hg total
decay width, such as the hy — h;Z decay mode. As mentioned previously, we take these
decay widths from FeynHiggs. However, the majority of this region is already excluded
by the LEP Higgs searches.

8.3 Conclusion

We have investigated the behaviour of h, — hyh., hy — bb and h, — 777~ branching
ratios and confirmed that these decay modes are the most significant decay modes in

the areas of parameter space which will be most relevant to the discussion of the LEP
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Higgs searches in the next chapter. In particular, in the region of parameter space
M, S 60 GeV, we have found that the dominant branching ratios are heavily dependent
on the Higgs cascade decay widths. Therefore an accurate determination of these decay
widths, as performed in Chapter 6, will be crucially important to the behaviour of the

unexcluded regions in this part of CPX parameter space.
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Figure 8.3: Branching ratios of the second lightest neutral Higgs boson in the CPX scenario.
Clockwise from top left: Br(hz — hihy), Br(hs — hghy), Br(hs — bb) and Br(hs — 7+77).
‘Sum’ indicates the sum of Br(hg — hihy), Br(hg — hohy), Br(hg — bb) and Br(hs — 7777).



Chapter 9

Limits on the MSSM parameter
space from the Higgs searches at
LEP

In this chapter, we will review the results from the Higgs searches at LEP, as presented
by the LEP Higgs Working Group and the LEP Collaborations. We will then discuss
the way in which the topological cross-section limits can be used in conjunction with
new Higgs sector theoretical results, in order to provide a new analysis of the available
MSSM parameter space. Using this method, we will investigate the impact of our
new genuine vertex corrections to the ho — hih; decay on the LEP exclusions for
the CPX scenario. We will also examine the effects of recent improvements in the
program FeynHiggs [31,56-58], which are not yet publicly available. We will conclude
with a preliminary comparison between our results and those obtained with the program
CPsuperH [59].

9.1 Results as presented by the LEP Higgs Working
Group and LEP Collaborations

After the LEP programme finished in 2000, the final results from the four LEP collab-
orations (ALEPH [17,110,111], DELPHI [112,113], L3 [114] and OPAL [115,116]) were
combined and examined for consistency with a background hypothesis and a signal plus
background hypothesis in a coordinated effort between the LEP Higgs Working Group

for Higgs Searches and the LEP collaborations. The results showed no significant excess
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Figure 9.1: The most important Higgs production processes used in the LEP Higgs searches:
Higgsstrahlung (left) and pair production (right).

of events which would indicate the discovery of a Higgs. In the Standard Model, a lower
bound on the Higgs mass of 114.4 GeV at the 95% confidence level was established [17]
while restrictions were placed on the available parameter space of a variety of MSSM
benchmark scenarios [24]. The results were also provided in the form of upper limits on

cross-sections for a selection of topologies.

In this section we will describe these search topologies, paying particular attention to
the ete™ — (hy)Z — (bb)Z channel, which has been particularly powerful for excluding
large regions of Standard Model and MSSM parameter space. We will then describe the

results of the dedicated CPX scenario analysis.

9.1.1 Topological cross-section bounds

In order to allow the LEP results to be applied to a wide variety of theoretical models,
they have been made publicly available in the form of upper limits on cross-sections of the
neutral Higgs search topologies [24]. In each topology considered here, the Higgs is pro-
duced either through Higgsstrahlung or pair production (Figure 9.1) and decays either
to b-quarks, tau-leptons or via the Higgs cascade decay. To a very good approximation,
the kinematic distributions of these processes are independent of the CP properties of
the Higgs bosons involved, as discussed in [24]. Therefore, the same topological bounds

can be used for CP-even, CP-odd or mixed CP Higgs bosons.

The neutral Higgs search topologies are

1. efem — (hy)Z — (bb)Z
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h)Z — (t717)Z

ha — hohy)Z — (bbbD)Z

he — hyhy)Z — (77~ 7t77)Z
5. ete” — (hahy) — (bbbb)

6. ete” — (hohy) — (7777 7777)

(
(
(
(
(
(
(
(
(
(

7. ete™ — (ha — hyhy)hy — (bbbb)bb
8 6+6 — ha — hbhb)hb — (7‘"‘7’ 7-+ )7-"'7-_
9. efem — (hg — hbhb)Z — (bb)(F77)Z

10. ete™ —

11. ete™ — (hy — 7777)(hy — bb)

Here, a and b label individual neutral Higgs bosons in a theory. For example, in
the MSSM, a,b = 1,2,3. In topologies involving more than one Higgs, the masses are
ordered such that Mj, > Mj,.

Figure 9.2 shows the topological cross-section limits for the topology ete™ — (h,)Z —
(bb)Z, as published in [17,24], as a function of the mass of the Higgs involved. This
topology was the most important for the purposes of deriving the lower bound on the
Standard Model Higgs mass [17]. Sgs is the ratio of the maximum cross-section com-
patible with data at the 95% confidence level to the theoretical Standard Model Hig-
gsstrahlung cross-section ete™ — h,Z (we will discuss this quantity in more detail in
the next section). There is a good agreement between the observed limit (solid line) and
the median expected limit based on Monte Carlo simulations with no signal (dashed
line). The observed limit reaches more than one sigma above the expected result for
Higgs masses of 89.6 GeV < My < 107 GeV and fluctuates downwards by more than
one sigma at My ~ 65 GeV. Over extended searches, such as this, a local excess in
one particular mass region should be interpreted with care. The mass resolution for
this process is typically 2 — 3 GeV [17], giving parameter space ‘bins’ of approximately
4 —6 GeV. Therefore, in extended searches which cover a mass range of ~ 120 GeV, we

would expect to find regions containing local excesses of 1 — 2 sigma [24].

However, the excess at 89.6 GeV < My < 107 GeV will turn out to have a large
influence on our results. We will denote this region as the ‘slight excess’ region (to avoid
confusion with the excess at 115 GeV which was observed by ALEPH [110]).
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Figure 9.2: The topological cross-section limits for the topology ete™ — (hy)Z — (bb)Z, as
a function of the Higgs mass My, [17,24] (labelled ‘mp;’). Sos is the ratio of the maximum
cross-section compatible with data at the 95% confidence level to the theoretical Standard
model Higgsstrahlung cross-section ee~™ — h,Z. The solid line is the observed limit, the
dashed line is the median expected result (based on Monte Carlo simulations with no signal)
and the green and yellow areas correspond to the 68% and 95% probability bands respectively.
This figure has been reproduced from [24].

9.1.2 Results of the dedicated analysis in the CPX scenario

The LEP Higgs Working Group and LEP collaborations also published combined analy-
ses [24] of MSSM benchmark scenarios [117,118], including the CPX scenario [39]. Note
that the definition of the CPX scenario used in [24,39] differs slightly from the definition

used in this thesis, as discussed in Section 2.8.

Figure 9.3 shows the regions of CPX parameter space which could be excluded by
this analysis at 95% CL (light green) and 99.7% CL (dark green). Also shown are the
domains which were expected to be excluded at the 95% CL on the basis of Monte Carlo

simulations with no signal (dotted lines).
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Figure 9.3: LEP Exclusions in the dedicated analysis of the CPX benchmark scenario of [24],
as a function of the mass of the lightest Higgs (labelled ‘mp;’) and tan 8. Domains excluded
at 95% CL are light green; those excluded at 99.7% CL are dark green. The yellow region,
which has been labelled ‘theoretically inaccessible’, is not part of the CPX parameter space.
The dashed lines indicate the regions expected to be excluded at the 95% CL on the basis of
Monte Carlo simulations with no signal. This figure has been reproduced from [24].

The dashed lines indicate the regions expected to be excluded at the 95% CL on
the basis of Monte Carlo simulations with no signal. There are three particularly large

unexcluded regions:

e (A) 60 GeV S My, and 3 < tanf3
e (B) 30 GeV S M;, S50 GeV and 3 S tan8 S 10
e (C)0GeV S My, S10GeV and 3 S tanf S 20

For the purposes of the analysis in [24], two different programs were used to calculate
Higgs masses and branching ratios in the complex MSSM: FeynHiggs version 2.0 [58]
and CPH [39], which was predecessor of the program CPsuperH [59]. FeynHiggs uses
a Feynman-diagrammatic approach and on-shell mass renormalisation whereas CPH

is based on a renormalisation group improved effective potential calculation and DR
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Figure 9.4: LEP Exclusions in the dedicated analysis of the CPX benchmark scenario of [24]
using the program CPH [39] (left) and the program FeynHiggs [31,56-58] version 2.0 (right).
The results shown here were combined to get Figure 9.3, by deciding that a point in parameter
space is excluded only if both the CPH and FeynHiggs analyses found it to be excluded. See
caption to Figure 9.3 for the legend. This figure has been reproduced from [24].

renormalisation. As discussed in Section 3.4, some care is necessary when comparing
results from these codes, since they use different renormalisation schemes. In [24], the

relation

~ ~ g
XtCPH = XtFH+§MSUSY

4 XFH XFH 08,2
84 ot T log m; (9.1)
Msusy  Msusy Mysy

was used [119] to convert between different definitions for |A;|, with as = 0.108 and

X, = |Ay| — p/ tan 8. This is analogous to the expression for on-shell to MS conversion
in the real MSSM given by [60]*,

NS 4X X? 3X m?2
XMS - — XOS—i——asM 4+t ) 2 [t 2
t t 3 S 8 A [S ] [g ] [S 0g g ) (9 )

where Mg = \/MZyqy + mi.

For the analysis in [24], there was no conversion between different definitions of
arg(A;) or Msysy(= My = Mz, ) and A, was set to be the same as A;.

In addition to the issue of parameter conversion, the two codes also have significant

differences in the incorporated higher order corrections. Therefore, separate analyses

!This expression was obtained using mg = Msusy, tren = Mg and the assumptions m;/Mg << 1 and
myXe /M2 << 1 [60]
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were performed using FeynHiggs and CPH. In order to combine these results to create
Figure 9.3, a point in parameter space was said to be excluded if it was excluded by
each program separately. This method is conservative, in that it minimises the exclusion

region.

There was an additional complication, since FeynHiggs did not have a reliable calcu-
lation for the loop corrections to the triple Higgs couplings in the CP-violating MSSM.
For the purposes of the ‘FeynHiggs' analysis, this coupling was therefore obtained from
CPH, and then combined with Higgs masses and other Higgs sector quantities as cal-
culated by FeynHiggs in the standard way [24,88]. This will be particularly relevant to
the discussion of LEP exclusions in the region of CPX parameter space M, < 50 GeV,
where the hy — hih; decay width has a large influence on the hy branching ratios (as

we saw in Section 8).

The results from the separate FeynHiggs and CPH analyses are shown in Figure 9.4,
(with colours defined as for Figure 9.3). It is notable that both analyses have unexcluded
regions of type B and C, although the shapes of these regions vary. In particular, the
FeynHiggs analysis has a larger unexcluded region of type B. The unexcluded regions
of type A at 99.7 % CL are very similar in shape and size. However, in the Feyn-
Higgs analysis, much of this region is excluded at 95% CL, whereas the CPH analysis
has the majority of this region unexcluded. Both analyses show unexcluded regions at
My, Z 114.4 GeV, where the lightest Higgs boson is Standard Model-like.

9.2 Using the LEP topological cross-section limits

Topological cross-section limits are given by [24] in the form of scaling factors Sos, defined

as

595 == Umax/arefa (93)

where 0., is the largest cross-section compatible with the data at 95 % CL and o is

a reference cross-section for the Higgs production.

For the Higgsstrahlung topologies, the reference cross-section o is the SM cross-
section for the Higgs production o™ (ete™ — HZ), for a SM-like Higgs of mass My =
My, .

a
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For the pair production topologies, the reference cross-section o, is the MSSM
cross-section for the Higgs production ete™ — h,hy, where the MSSM suppression
factor | gh hy ,|? has been set to 1. This suppression factor can be approximated by the
normalised effective coupling of the Higgs bosons h, and h; to the Z boson squared, as
defined in equation (4.51) (hence the notation). We can also relate the reference cross-
section for pair production processes to the Standard Model Higgsstrahlung production

cross-section
Oret = Ao (eTe™ — HZ). (9.4)

)\ is a kinematic factor which takes into account the different kinematic dependences of

the SM Higgsstrahlung and the pair production process, i.e.

X o= NG (12M2 /s + Az) [N S (9.5)
Aoy = [1—(Mx+My) /s] [1— (M, — M,)?/s], (9.6)

where H is a SM-like Higgs with mass M.

In order to use the Sg5 values, we need to compare them to the scaling factors Sipeo,

where

Stheo = Utheo/aref> (97)

and oeo is the theoretically predicted cross-section.

In the MSSM, it is convenient to calculate the Si,e, values using the narrow width
approximation (see Appendix B) and neglecting any production diagrams that do not
appear in Figure 9.1. We approximate the h,-Z-Z and h,-hy-Z vertices by the normalised
effective couplings defined in equation (4.51), which take into account Higgs propagator

corrections.
For example, in this approximation,
Stheo [(hl)Z - (bB)Z} = |gh1ZZ| Br(h, — bb),

Stheo [(hg — hlhl)Z — (bgb[;)Z} = |gh2ZZ| Br(h2 — h1h1>BI'(h1 — b6)2,
Stheo [e+e_ — (hg — hihy)hy — (bl_)bl_))bl_)} = |gh2h1Z\ Br(hy — hihy)Br(hy — bl_))3.
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Therefore, for each point in parameter space, we first calculate an Sy, value for every
combination of neutral Higgs possible in each search topology. Since | g,efha 712 ~ 0 and,
where two Higgs bosons are involved, we have specified the mass ordering M, > My,,

this results in a total of 33 channels.

In each channel, we then calculate the ratio ROPected = G/ Goxpected 'yohape Goxpected
is the median expected Sy5 value, based on Monte Carlo simulations with no signal. The
channel with the highest value of R®®ec**d ig the channel with the highest statistical
sensitivity. For this particular channel (and this channel only), we then calculate the
ratio R = Sipeo/S5e°, where Sgb® is based on the actual results observed at LEP. If

R°P > 1, we say that this parameter point is excluded at 95% confidence level.

This method has been suggested by [119] in order to ensure that we can correctly
interpret exclusions obtained in this way as having a confidence level of 95%. If, for
one parameter point, we had made use of more than one observed limit, we would have

increased the probability of a false exclusion above 5%.

The tables of S5 values which we use in our analysis have been obtained from [120].
These are more detailed than those published in [24] and include the numerical values

of Sg’gpe“ed. We linearly interpolate between points in these tables.

It should be noted that the dedicated analyses carried out in [24] for specific MSSM
benchmark scenarios have a higher exclusion power than the method outlined above.
This is particularly true near to borders between regions of parameter space where
different channels are expected to have the highest statistical sensitivity. In addition,
our analysis will not take into account the uncertainty in the Higgs mass, coupling and

branching ratio calculations due to unknown higher order corrections.

9.3 Using the LEP topological cross-section limits in

conjunction with our Higgs sector results

In this section, we will use the topological cross-section limits from LEP in conjunction
with more recent results for the Higgs masses, couplings and branching ratios. In partic-
ular, we shall be using our full 1-loop diagrammatic calculation for the h; — h;h; decay

with full phase dependence as described in Chapter 6 and we will be using renormalised
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neutral Higgs self-energies obtained from the current version of FeynHiggs [31,56-58]

(which includes corrections at O(asay) with full phase dependence).

We calculate the Higgs masses and couplings to gauge bosons as described in Chap-
ter 4 and the Higgs branching ratios as described in Chapter 6. Unless otherwise stated,

we will use the CPX scenario, as defined in Section 2.8.

Using the Higgs masses, we can investigate the regions in which the Higgsstrahlung
topology ete™ — (h,)Z — (bb)Z might struggle to provide exclusions. Figure 9.5
shows the regions M;,, > 114.4 GeV (red) and Mj, > 114.4 GeV (cyan) within the
CPX parameter space, as plotted on the M, — tan 3 plane. We would not expect the
Higgsstrahlung channel ete™ — (hy)Z — (bb)Z or ete™ — (h1)Z — (bb)Z to be able

to provide exclusions in these areas, respectively.

In Figure 9.5, we can see that there is a sizable region in which 89.6 GeV < M, <
107 GeV (dark blue). Recall that, in this mass range, the observed limit was more than
one sigma above the expected limit (based on no signal) in the ete™ — (hy)Z — (bb)Z
channel. Note that this region covers the area in which the analysis of [24] found an

unexcluded region of type B.

Figure 9.6 illustrates the normalised squared effective Higgs couplings to gauge bosons
927, 4 in the CPX scenario. Recall that >0_, |57, /| ~ 1. We can see that the
hy-Z-Z coupling dominates around the edge of the available parameter space, the hgs-
Z-7 coupling dominates in a region M, < 60 GeV and 7 < tan3 < 25 and the
ho-Z-Z coupling dominates the region in between. We can immediately see that the
Higgsstrahlung topology ete™ — (hy,)Z — (bb)Z will be very effective at providing
exclusions in regions where |giT, /|* ~ 1, for a = 1,2. In these areas, we expect SM-like
exclusions, following similar boundaries predicted to those in Figure 9.5, where the decay
mode to b-quarks is dominant. However, over a large part of parameter space, |g};, &2
and |g) ff_,|? are suppressed and other search topologies may have higher statistical
sensitivities. Since |gif, |* ~ |giT, ,|?, we can also predict that channels involving the

+

pair production process e"e~ — hihs may be useful in providing exclusions in the region

where |gif, ,|? is high.

The ho — hqhy branching ratio for the CPX parameter space which was presented

in Figure 8.2 has been reproduced in Figure 9.7 for ease of comparison.

Figure 9.8 indicates which channel has the highest sensitivity and therefore which

channel will be used to set an exclusion limit at each point in CPX parameter space.
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Figure 9.5: Regions of CPX parameter space which could be especially challenging when
attempting to use the topology ete™ — (h,)Z — (bb)Z to provide exclusions. The red region
indicates where Mj,, > MMMt and the cyan region indicates where My, > MMMt where
MMMt — 1144 GeV. We also indicate the ‘slight excess’ region 89.6 GeV < My, < 107 GeV
by dark blue. In this region, the observed Sg5 was more than one sigma above the expected
Sos, based on Monte Carlo results with no signal, as shown in Figure 9.2. The grey area is
theoretically inaccessible.
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Figure 9.6: The effective coupling of the neutral Higgs to two Z bosons |gfif, |?,|gef, |2 2,

propagator corrections (see Section 4.6 for definitions).
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In most of the CPX parameter space, the channels h;Z — bbZ (M) and hyZ — bbZ (M)
have the highest statistical sensitivity. Through comparison with Figure 9.6, we can see
that this occurs in the areas where h; and hy have significant couplings to Z bosons, as

expected.

In the region of CPX parameter space with high values of |gf, /|2, the channels with
the highest statistical sensitivity are hohy — bbbb (™) and hyhy — hihihy — bbbbbb (),
which both involve nglf}’i 4, as expected. The position of the boundary between these
two regions is governed by the Higgs branching ratio hy — hyhy, which, as we can see
from Figure 9.7, is the dominant branching ratio in this part of parameter space but is
decreasing as tan 3 increases®>. We can see that the hohy — hihih; — bl_)bl_ybl;( ) region
appears at a peak in this branching ratio at tan 3 ~ 7, which is due to a peak in the

ho — hihy decay width as we saw in Figure 6.7 in Chapter 6.

There is a sizable region in Figure 9.8 at 15 GeV S M, S 40 GeV |, tanf3 ~ 6
in which the channel hyZ — hih1Z — bbbbZ (O) has the highest statistical sensitivity.
This is also due to the peak in the hy — hyh; decay width at moderate tan 5 (Figure 9.7),
combined with the fact that the coupling gfw 4 1s relatively unsuppressed in this area
(Figure 9.6).

In Figure 9.9, we have compared our new theoretical cross-section predictions for
each parameter point in the CPX scenario with the observed topological cross-section
limits obtained at LEP for the channel with the highest statistical sensitivity at that
point. As expected, Mj, 2 114.4 GeV is not excluded. This unexcluded region extends
to My, ~ 85 GeV at tan 3 ~ 16, since, in this area, the second lightest Higgs is SM-like
and therefore follows the contour plotted at M, = 114.4 GeV in Figure 9.5. As before,
we call this region ‘unexcluded region A’. It has a narrow ‘tail’, which extends to lower
tan (3, one side of which is bounded by the limit for a SM-like M}, and one side of which
is bounded by the edge of the region where the channel h;Z — bbZ (M) has the highest

statistical significance, as shown in Figure 9.8.

Figure 9.9 also has an unexcluded region of type B at M}, ~ 40 GeV and tan 3 ~ 8,
similar to that shown in Figure 9.3 (we leave a more detailed comparison between our new
results and those shown in Figure 9.3 until Section 9.4). The hy — hyhy branching ratio
for the CPX parameter space which was presented in Chapter 8 has been reproduced in

Figure 9.7 for ease of comparison. We can see that the entire unexcluded region B in

2For cosmetic reasons, in the high resolution scans of the CPX parameter space, such as Figure 9.7, we
plot all points, including those which were deemed to be less stable because of non-neglible second
order terms in the mass or Z-factor calculation. For this stability information, refer to Figure 8.2.
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Figure 9.7: The ho — hjh; branching ratio for the Mj,—tan § plane of the CPX scenario (as
seen in Figure 8.2)

Figure 9.9 lies in an area where the ho — hih; branching ratio is sizable. We examine
this unexcluded region B in more detail in Figure 9.10, where we show an enlarged
version of the relevant part of parameter space from Figure 9.8 and Figure 9.9. As
we can see, the three thin extensions of the unexcluded region all lie along boundaries
between areas where different processes have the highest statistical significance. As we
have discussed, we would expect our method of combining channels (which only makes
use of one observed limit for each parameter point) to be less effective at such boundaries.
Thus, a dedicated analysis which included the combination of different channels may well

be able to exclude such areas.

Figure 9.10 also shows that the bulk of the unexcluded region B lies in an area in
which the channel hyZ — bbZ (M) has the highest statistical sensitivity. The extent
of the unexcluded region B on the higher tan 3 side is very sensitive to the hy — bb
branching ratio, which, as can be seen from Figure 9.7, is also heavily dependent on the

hs — hihy branching ratio in this region of CPX parameter space.

The extent of the unexcluded region B towards lower values of M}, is determined by
the edge of the region in which the channel hyZ — bbZ (M) has the highest statistical

sensitivity. This boundary is also very sensitive to the ho — hyh; branching ratio, which
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Figure 9.8: Coverage of the LEP Higgs searches in the M}, —tan 3 plane of the CPX scenario,
showing the channels that are predicted to have the highest statistical sensitivity for setting an
exclusion limit. The colour codings are: red = h;Z — bbZ (M), blue = hoZ — bbZ (M), white
= hoZ — h1h1Z — bbbbZ (O), cyan = hohy — bbbb (1), yellow = hahy — hihihy — bbbbbb (),
green = hzh; — bbbb (M), purple = other channels ().

has a large influence on the theoretical predictions S§E® of the relevant channels hyZ —

bbZ (W), hohy — bbb (W), hohy — hihyhy — bbbbbb () and heZ — hihy Z — bbbbZ (O)).

Comparison of Figure 9.9 with Figure 9.5 also shows that the unexcluded region B
occurs in the region affected by the ‘slight excess’ observed at LEP for the h, — bb
topology. It is interesting to investigate the effect of the ‘slight excess’ on the extent
of the unexcluded region B. Figure 9.11 shows what the exclusion would have been in
the hypothetical situation in which the observed Sgs value was exactly the same as the
expected So5 value (left) or exactly 1o above the predicted value (centre). For the case in
which we set the ‘observed’ S95 value to be exactly the same as the expected So5 value,
we see that the entire CPX parameter space is excluded, apart from thin unexcluded

regions along boundary lines and apart from the region M;, 2 114.4 GeV (the limit for
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Figure 9.9: Coverage of the LEP Higgs searches in the M}, —tan 3 plane of the CPX scenario,
showing the parameter regions excluded at the 95% C.L. by the topological cross-section limits
obtained at LEP. The colour codings are: green = LEP excluded, white = LEP allowed.

a SM-like Higgs). For the case in which we set the ‘observed’ Sgs value to 1o above the
expected Sgs value, we see that unexcluded regions of type A and B are both present,
although both are smaller than the unexcluded regions in Figure 9.9. We conclude that
the presence of the ‘slight excess’” in the LEP results for the (h,)Z — (bb)Z topology is
crucial to the existence of substantial unexcluded regions in the CPX scenario. We also
conclude that the extent of the unexcluded regions is very sensitive to the size of the

excess.

In order to further investigate the effects of our new genuine vertex corrections to the
hy — hihy decay, we now compare the LEP exclusion regions based on the full result
with the case where we have used the Yukawa approximation to calculate the genuine
vertex corrections to the hy — hih; decay. This approximation was investigated in
Chapter 6. Recall that the Yukawa corrections comprised the leading genuine vertex

corrections and that, in the region tan 3 ~ 8, the ho — hih; decay width calculated
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Figure 9.10: (a) Channels with the highest statistical sensitivity for the CPX scenario,
showing a section of Figure 9.8 in more detail. (b) LEP exclusion regions for the CPX scenario,
showing a section of Figure 9.9 in more detail. See the captions of Figure 9.8 and Figure 9.9
for the legend.

using the Yukawa approximation for the vertex corrections was ~ 25% lower than the
full hy — hyhy decay width. Figure 9.12 illustrates the effect of using this approximation
on the determination of which channel has the highest statistical sensitivity (left) and
the effect on the exclusions (right) in the region of the CPX parameter space containing
the unexcluded region of type B. The boundary between channels related to |gs, |2
(ie. heZ — hihiZ — bbbbZ (0) and hoZ — bbZ (M)) and those related to |g;T, ,|?
(i.e. hgohy — bbbb (W) and hyhy — hihihy — bbbbbb( )) are in approximately the
same position as in Figure 9.10. However, the boundaries between channels directly
involving the hy — hih; decay and those that do not involve this decay have shifted.
In particular, the region where the channel hoZ — hihiZ — bbbbZ (0J) has the highest
statistical sensitivity has been substantially reduced. This has a considerable impact
on the shape of the unexcluded region B in Figure 9.12 as compared to Figure 9.10.
We conclude that including the full genuine vertex corrections to the ho — hyh; decay,
rather than just the leading vertex corrections, is vital in order to accurately determine
the shape of the unexcluded region B. However, we note that the calculation which used
the Yukawa vertex corrections was able to confirm the existence of the excluded region
B and give an approximate idea of its position in the M}, -tan 3 plane of CPX parameter
space. Therefore, it could be a useful approximation in situations where the inclusion

of the full vertex corrections is impractical.
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It is interesting to consider the effect of the mass of the top quark. Since the leading
corrections to the hy — hyhy vertex are Yukawa corrections proportional to m$ or mj,
we would expect the unexcluded region B to exhibit a strong dependence on m;. The
neutral Higgs masses are also very sensitive to my, since they also depend on Yukawa
corrections (as demonstrated in Chapter 4). We consider m; = 170.9 GeV, which was
the world average [121] at the time we first published these results in [122], and m,; =
174.3 GeV, which was the central value used in the LEP Higgs Working Group and LEP
collaborations’ dedicated analysis of the CPX scenario [24].% Figure 9.13 contains plots of
the hy — hyhy branching ratio (left), the regions excluded by the LEP topological cross-
section limits (center) and the channels with the highest statistical sensitivity (right) for

my = 170.9 GeV (top) and m; = 174.3 GeV (bottom).

It is immediately apparent that the size of the unexcluded region A dramatically
increases as my increases, which is due to the effect of m; on the neutral Higgs self-
energies. We can also see that the area in which hoZ — hihZ — bbbbZ (0) has the
highest statistical sensitivity increases as m; increases, as we would expect, since the
Yukawa corrections to the hy — hihy vertex are proportional to mf or mf. The increase
in the hy — hyhy vertex corrections (and therefore the decrease in the hy — bb branching

ratio) has resulted in a larger unexcluded region B.

The variation of arg A; also has a very interesting impact on the unexcluded regions.
We saw in Figure 6.11 (a) that varying arg A, by 10% has a dramatic effect on the
hy — hihy decay width, through changing the magnitude and position of the peak
at moderate tan § and changing the position of the minimum of Br(hy — hihy). In
Figure 9.14, which uses arg A; = 0.9 x 7/2 GeV and arg A; = 1.1 x 7/2 GeV, we can
see these effects reflected in the ho — hihy branching ratio. In particular, we see that
the thin horizontal minimum in Br(hy — hyhq) shifts to higher tan 3 as arg A, increases.
We can also see a change in the shape of the region in which the hy — hih; decay is
kinematically allowed and a reduction of the size of CPX parameter space as plotted on
the M}, — tan 3 plane.

As we would expect, this affects the balance of processes with the highest statisti-

cal sensitivity. The boundary between processes involving |gsT,/|? and those involving

|92§hlz|2
higher tan 3 as arg A; increases and its shape changes significantly. The unexcluded

also shifts to higher tan (3. As a result, the unexcluded region B occurs at

region A increases in size as arg A; increases. At arg A, = 0.9 x 7/2, this region is

3We note here that a new preliminary world average top quark mass of m; = 172.4 + 1.2 GeV has
recently become available [123]
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Figure 9.11: LEP exclusion regions for the hypothetical cases where the observed S95 value had been either the same as (a) the
predicted value or (b) 1 sigma above the predicted value. We include the actual observed result (c) for comparison. The colour codings
are: green = LEP excluded, white = LEP allowed.
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Figure 9.12: Channels with the highest statistical sensitivity (a) and LEP exclusion regions
(b) for the CPX scenario at low values of M}, and moderate values of tan 3. The vertex
corrections to the ho — hyhi branching ratio have been calculated using the Yukawa approxi-
mation and combined with the full propagator corrections. See the captions of Figure 9.8 and
Figure 9.9 for the legend.
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Figure 9.13: hy — hyh; branching ratio, LEP exclusions and channels with the highest statistical sensitivity plotted on the M}, —tan 3
plane. Upper graphs show m; = 170.9 GeV, lower graphs show m; = 174.3 GeV, other parameters taken from CPX scenario. See the
captions of Figure 9.8 and Figure 9.9 for the legend.
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bisected by a thin vertical excluded region, due to the fact that the process with the
highest statistical sensitivity in this part of parameter space is h1Z — bbZ (M) rather
than hoZ — bbZ (M). For the case with arg A; = 1.1 x 7/2, the unexcluded region A

also extends to significantly lower values of tan (.

Figure 9.15 illustrates the substantial effect that varying |A;| by 10% has on the LEP
exclusions in the CPX parameter space. Recall that Figure 6.11 (b) demonstrated that
increasing | A;| increased the size of the peak in the hy — hyhy decay width at moderate
tan 3 and shifted the position of the minimum and the peak to higher values of tan 3. It
also significantly changed the gradient of the hy — hihy decay width above tan (3 ~ 7.
We see these effects reflected in the ho — hih; branching ratio in Figure 9.15. We also
see a significant increase in the area of parameter space in which the ho — hih; decay
is kinematically allowed. At |A;| = 0.9 x 900 GeV, the unexcluded region B has almost

disappeared and the unexcluded region A has also reduced in size.

For the case in which |A;| = 1.1 x 900 GeV, the plot illustrating the channels with
the highest statistical sensitivity in Figure 9.15 is dramatically different from those we
have seen so far. This is partly because | gfffhg 4|? is reduced, which drastically reduces
the area where hoh; — bbbb (1) has the highest statistical sensitivity. The area where
the channel hyhy — hyhihy — bbbbbb () has the highest statistical sensitivity occurs at
higher tan 3 than previously and is now unexcluded. Also, the suppression of | gfffhg 7|2
also means that the channel hsh; — bbbb has the highest statistical sensitivity over a
much larger region than we have seen in our previous examples, and this region can
only be partially excluded by this LEP limit. Therefore, the excluded LEP regions are
dramatically different for the CPX scenario with [A;| = 1.1 x 900 GeV. It is worth
noting, however, that this value of |A;| tends towards an unstable region of parameter

space.

The gluino mass parameter M3 does not feature in the 1-loop corrections to the
hy — hih; decay or the 1-loop corrections to the Higgs masses. However, the Higgs
self-energies from FeynHiggs depend on Mjz through the Oa,q; corrections and the Amy,
corrections. Therefore, it is interesting to see if varying this parameter has a significant

effect on the LEP exclusions.

In Figure 9.16, we vary arg M3 by 20%. We can see that this has a dramatic effect
on the shape of the CPX parameter space, as plotted on the M, — tan plane. If
argM; = 0.8 x 7/2, the parameter space is stretched to higher tan 3 values, whereas, if

argMs = 1.2 x 7/2, the CPX parameter space does not extend above tan 3 ~ 14. Since



Colour: Br(h,—h4+h,) exclusions process with highest stat. sens.

P EFERTIE NI SR BRI W 1

0.8

0.6
10

tanp

0.4

0.2

20 40 60 80 100 120

Colour: Br(h,—h4+h,) exclusions process with highest stat. sens.

e b b b Ly 1

0.8

0.6
10

tanp

0.4

0.2

s L 0

20 40 60 80 100 120 20 40 60 80 100 120

Figure 9.14: hy — hih; branching ratio, LEP exclusions and channels with the highest statistical sensitivity plotted on the M}, —tan 3
plane. Upper graphs show argA; = 0.9 x 7/2, lower graphs show argA; = 1.1 X 7/2, other parameters taken from CPX scenario. See the
captions of Figure 9.8 and Figure 9.9 for the legend.

¥CT JMT ¥e soyoaeas s3SIy 9y wodj adeds tajowrered ANSSIA Y} UO STWIT



Colour: Br(h,—h4+h,) exclusions process with highest stat. sens.
PRI EPEPETEN RPN AP 1 P A R R N
0.8
0.6
2 10 10
8
0.4
0.2
0
20 40 60 80 100 120 20 40 60 80 100 120 20 40 60 80 100 120
M M, M
h1 1 1
Colour: Br(h,—h4+h,) exclusions process with highest stat. sens.
P PRI RPN BRI EPR 1
0.8
0.6
[co N -
c C
8
0.4
0.2
e 0 -
20 40 60 80 100 120 20 40 60 80 100 120 20 40 60 80 100 120
M M, M
h1 1 1

Figure 9.15: hy — hih; branching ratio, LEP exclusions and channels with the highest statistical sensitivity plotted on the M}, —tan 3
plane. Upper graphs show |A;] = 0.9 x 900 GeV, lower graphs show |A;| = 1.1 x 900 GeV, other parameters taken from CPX scenario.
See the captions of Figure 9.8 and Figure 9.9 for the legend.
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Figure 9.16: hy — hih; branching ratio, LEP exclusions and channels with the highest statistical sensitivity plotted on the M}, —tan 3
plane. Upper graphs show argMs = 0.8 x 7/2, lower graphs show argMs = 1.2 x 7/2, other parameters taken from CPX scenario. See
the captions of Figure 9.8 and Figure 9.9 for the legend.
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there is such a pronounced dependence on tan (3, we conclude that this behaviour is a
result of the Am,, corrections, which are enhanced at large tan 3. At argM3 = 0.8 X 7/2,
the area of the unexcluded region A increases considerably, such that it extends to

My, ~ 50 GeV. The size of the unexcluded region B also increases slightly.

Figure 9.17 illustrates the effect of increasing and decreasing |M3| by 20%. This has
negligible effect on the size of the CPX parameter space, as plotted on the M, —tanj3
plane, and very little effect on the distribution of channels with the highest statistical
sensitivity. Therefore, the shape and position of the unexcluded region B shows little
variation. However, the size of unexcluded region A decreases as | M3 increases, due to

differences in Mp, in this part of the plots.

It is also interesting to consider the effect of varying the Higgsino mass parameter
i. For example, it has been suggested that a scenario similar to the CPX but with a
lower value of 11 would be easier to reconcile with the relic abundance [101]. Recall from
Figure 6.12 (a) that the effect of varying u by 10% was similar to the effect of varying
|A;| by 10% in Figure 6.11 (b). Therefore, the branching ratios shown in Figure 9.18 are
E

qualitatively very similar to those in Figure 9.15. As u increases, | gfofZZ is enhanced

at the expense of | g}eghl ,|? and this determines the relative sizes of the regions involving
these couplings. The plot with g = 1.1 x 2000 GeV in Figure 9.18 has a large region in
which the channel hyZ — hihyZ — bbbbZ ([J) has the highest statistical sensitivity. The
size of the unexcluded regions of type B increase substantially as ;1 increases and largely
consist of areas in which the channels hoZ — hih1Z — bbbbZ (), hohy — hihihy —
bbbbbh () and hsh, — bbbb (M) have the highest statistical sensitivity. In contrast to

Figure 9.15, the size of unexcluded region A remains relatively unchanged as p increases.

Similarly, the effect of varying the soft-breaking term Mgygy by 10%, as shown in
Figure 9.19, can be explained by an enhancement of |g§,,|* at the expense of |g§, ,|?
and a suppression of Br(hy — bb) as Msysy decreases (c.f. Figure 6.12 (b)). Again, the
size of the CPX parameter space in the Mj, — tan  plane also changes — it decreases
as Msusy decreases. Note that we incorporated our full calculation of the hy — hohy
decay width into the parameter scan for Msysy = 0.9 x 500 GeV, since we could not tell

a priori that it would not be relevant. However, the difference this made was negligible.

As we saw in Figure 6.4, above Mpy+ ~ 260 GeV the decay ho — hih; is allowed
throughout the CPX parameter space. Figure 9.20 shows the h, — hyh; branching
ratio in this region, LEP exclusions and channels with the highest statistical sensitiv-

ity. It illustrates that over a significant region of parameter space, at low tan (G and
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Figure 9.17: hy — hih; branching ratio, LEP exclusions and channels with the highest statistical sensitivity plotted on the M}, —tan 3
plane. Upper graphs show |M3| = 0.8 x 1000 GeV, lower graphs show |M3| = 1.2 x 1000 GeV, other parameters taken from CPX scenario.
See the captions of Figure 9.8 and Figure 9.9 for the legend.
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Figure 9.18: hy — hih; branching ratio, LEP exclusions and channels with the highest statistical sensitivity plotted on the M}, —tan 3
plane. Upper graphs show g = 0.9 x 2000 GeV, lower graphs show p = 1.1 x 2000 GeV, other parameters taken from CPX scenario. See
the captions of Figure 9.8 and Figure 9.9 for the legend.
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plane. Upper graphs show Mgysy = 0.9 x 500 GeV, lower graphs show Mgysy = 1.1 x 500 GeV, other parameters taken from CPX
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Mpy+ 2 250 GeV, the hy — hih; branching ratio is sizable. This reduces the hy — bb
branching ratio, which could have had implications for the LEP coverage, since ex-
clusions in this region relies on the cross-section limits for the topology h,Z — bbZ.
However, we can see that, despite the lower Br(hy — bb), LEP can still exclude this

region. This is because there is no suppression of [g§, |2

9.4 Results using a preliminary new version of the

program FeynHiggs (FH 2.6.5beta)

We also investigate the LEP exclusions using a preliminary new version of FeynHiggs,
FH2.6.5beta [124], which has not yet been made publicly available. This version has
two main improvements compared to the current version under public release, FH2.6.4,

which we have used in this thesis up to this point.

Recall from Section 4.3.6 that FeynHiggs allows the user to specify the 2-loop correc-
tions included in the calculation of the neutral Higgs self-energies via the flag t1CplxApprox.
If t1CplxApprox=1, the 2-loop contributions at O(asay), which have full phase depen-
dence, are included [55]. If t1CplxApprox=2, additional 2-loop corrections are also in-
cluded. However, since these additional corrections were calculated for the real MSSM,
they use only the real parts of complex parameters as input. Since we carry out much of
our analysis in the CPX scenario, where the trilinear couplings and the gluino mass pa-

rameter are entirely imaginary, we made the decision to use the setting t1CplxApprox=1.

Recall also from Section 5.3.3 that FeynHiggs recommends the option which uses an
effective value of my in the 1-loop contributions to the self-energies in order to absorb
Amy, corrections. For the option t1CplxApprox=2, the renormalisation is chosen such
that the majority of the corrections at O(asap) and O(ap;) can be absorbed into my,
in this way [75].

In the new FeynHiggs version FH2.6.5beta, the treatment of m; for the option
t1CplxApprox=1, has been significantly improved to use the complex Am, everywhere,
while in the previous version the effective bottom mass obtained from the corrections
valid for the MSSM with real parameters had been used [88]. This means that an ef-
fective b-quark mass of mgt = my(my)/|1 + Amy| is now used, and no contributions
involving the approximation A; = ReA;, M3 = ReM; are included. In addition, in

FH2.6.5beta, Amy, is calculated using o, (/M ), rather than a,(m;) as in FH2.6.4.
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Figure 9.21: Lightest Higgs mass as calculated by FeynHiggs [31, 56-58] version 2.6.4 or
2.6.5beta, as a function of tan 5. (a) ‘t1CplxApprox’is a input flag for the 2-loop contributions
in FeynHiggs (see text for description). All lines include resummation of corrections to my,
apart from the option ‘no Amy resum’ (this option was calculated using FH2.6.5beta with the
flag t1CplxApprox=1). (b) Only 1-loop contributions and Am; resummation is included.

In Figure 9.21 (a), we compare the lightest Higgs mass, as calculated using t1CplxApprox=1
and t1CplxApprox=2, using versions FH2.6.4 and FH2.6.5beta, as a function of tan 3,
using an effective my; in the 1-loop calculation. We can see that this leads to a substan-
tial difference between the results of FH2.6.4 and FH2.6.5beta for t1CplxApprox=1.
Figure 9.21 (a) also includes the results from FH2.6.5beta for t1CplxApprox=1 and no
Amy, correction in order to further emphasise that this category of correction can have
a high numerical impact in the CPX scenario. Figure 9.21 (b) compares the results of
versions FH2.6.4 and FH2.6.5beta for the lightest Higgs mass at 1-loop level with the
addition of Am,;, resummation, in order to show that the effect of altering the scale of

a in the Amy correction is relatively minor.

Figure 9.22 has been calculated using neutral Higgs self-energies from FeynHiggs
version FH2.6.5beta, using the CPX scenario with m; = 172.6 GeV (top) and m; =
174.3 GeV (bottom). Comparison with Figure 9.7 and Figure 9.13 shows that the effect
of using FH2.6.5beta on the CPX parameter space on the M}, —tan (3 plane is to stretch
it to higher values of tan 3. This has dramatically increased the unexcluded region A,
in comparison to Figure 9.9 and Figure 9.13. The unexcluded region B is in a similar

position in parameter space and extends to slightly higher values of My, . It increases as
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m; increases, as we observed with FeynHiggs version FH2.6.4. Therefore, the appearance

of the unexcluded region B is robust with respect to the variations in FeynHiggs.

In the rest of this chapter, unless otherwise stated, we will use FeynHiggs version
FH2.6.5beta.

9.5 Using parameters defined in a different

renormalisation scheme

As described in Section 2.8, our usual definition of the CPX scenario defines the pa-
rameters according to the on-shell renormalisation scheme. In this section, however,
we investigate the impact of using APT{ = 1000 GeV and Mz’ﬁ = iﬁ{ = 500 GeV
in conjunction with the parameter conversion described in Section 3.4 in order to find
values of An—shell Mz’on_SheH, M;};OH_SheH, which we then use as input in our Feynman-

diagrammatic calculation.

Figure 9.23 illustrates the effect which changing these parameters has on the hy —
hyh; branching ratio, the LEP exclusions and the channels with the highest statistical
sensitivity. Comparison with Figure 9.22 shows that the unexcluded region B has greatly
increased in size and extends to higher tan 3, such that it joins the unexcluded region
A. This is due to the fact that, even after the shifts, the values of |A;| used as input in
Figure 9.23 are higher than those used in Figure 9.22. (Recall that we saw in Figure 9.15

that larger values of |A;| resulted in plots with a larger unexcluded region)

However, if we would like to see the effect of the new hy — hih; vertex corrections
and the effect of improvements in FeynHiggs (such as the phase dependence of the
Higgs self-energies at O(asqy)), it is instructive to do an analysis using exactly the
same parameter conversion as [24], which is given in equation (9.1). The results from
using this parameter conversion in conjunction with the new Higgs sector results are
shown in Figure 9.24 for m; = 172.6 GeV (upper) and m; = 174.3 GeV (lower). We
compare the plots for m; = 174.3 GeV in Figure 9.24 to the FeynHiggs analysis in
Figure 9.4 (b). We can see that the unexcluded region B has decreased in size slightly
and occurs at marginally higher values of tan 3. The unexcluded region A has increased
in size substantially, although some of the lower values of tan 3, which were previously

unexcluded, are excluded in the new analysis.
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Figure 9.22: hy — hih; branching ratio, LEP exclusions and channels with the highest statistical sensitivity plotted on the M}, —tan 3
plane, using neutral Higgs self-energies from FeynHiggs version 2.6.5beta. The CPX scenario has been used. Upper graphs show
my = 172.6 GeV, lower graphs show m; = 174.3 GeV. See the captions of Figure 9.8 and Figure 9.9 for the legend.
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Figure 9.23: hy — hyh; branching ratio, LEP exclusions and channels with the highest statistical sensitivity plotted on the M}, —tan 3
plane, using neutral Higgs self-energies from FeynHiggs version 2.6.5beta. The CPX scenario has been used, except with A?fR = 1000¢ GeV
and Mi’ﬁ = ;};ﬁ = 500 GeV. Upper graphs show m; = 172.6 GeV, lower graphs show m; = 174.3 GeV (conversion is given in
Section 3.4). See the captions of Figure 9.8 and Figure 9.9 for the legend.
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the captions of Figure 9.8 and Figure 9.9 for the legend.
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9.6 Using CPsuperH with the topological

cross-section bounds

We would expect our analysis to provide less exclusion than a dedicated CPX analysis
of the type used in [24], since, as we have discussed, we can only use one observed

topological cross-section limit for each point in parameter space.

We can investigate this effect further by applying the topological cross-section limits
to Higgs masses, couplings and branching ratios as calculated with CPsuperH [59], which
we show in Figure 9.25. As input, we use the CPX scenario with APﬁR = 1000 GeV and
Mg’ﬁ = iﬁ = 500 GeV. We use values for the on-shell top mass of m; = 172.6 GeV
(top) and m; = 174.3 GeV (bottom).

We compare the result for m; = 174.3 GeV with the C'PH analysis in Figure 9.4. The
excluded regions A and B appear in similar areas of parameter space, although the shape
of the unexcluded region B differs. It should be noted that we are comparing the results
from two different codes and therefore would expect some differences, although, since
CPH is an earlier version of CPsuperH, we would expect these differences to be relatively
minor. We therefore concur with the results from previous investigations [119], which
concluded that using the topological cross-section bounds is a useful way to confirm
the existence and approximate positions of unexcluded regions. However, in situations

where the shape of these regions is important, a dedicated analysis may be required.

It is also interesting to see that, for both values of m; shown in Figure 9.25, there
is a large region M, Z 70 GeV and tan3 Z 10 GeV in which the channel h,Z —
bbZ (M) has the highest statistical sensitivity. This did not appear in any of the plots
in the previous section and is due to higher values of M}, at these particular M}, tan 3

coordinates.

9.7 Combining the results

Figure 9.26 illustrates the resulting excluded regions if Figure 9.23 and Figure 9.25 are
combined such that a point in the CPX parameter space is only excluded in Figure 9.26

if it is excluded in both Figure 9.23 and Figure 9.25, in analogy to the method used
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Figure 9.25: hy — hih; branching ratio, LEP exclusions and channels with the highest statistical sensitivity plotted on the M}, —tan 3

plane, using CPsuperH [59] and AP_R = 1000 GeV, other parameters taken from CPX scenario. Upper graphs show m; = 172.6 GeV,
lower graphs show m; = 174.3 GeV. See the captions of Figure 9.8 and Figure 9.9 for the legend.
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m, = 172.6 GeV m, = 174.3 GeV

20 40 60 80 100 120

Figure 9.26: LEP exclusions plotted on the M}y, — tan 3 plane, for the CPX scenario. We
have combined the results from Figure 9.23 (which used FeynHiggs [31,56-58] version 2.6.5beta
with a DR to on-shell conversion) and Figure 9.25 (which used CPsuperH) such that a point
in parameter space is only excluded if both of these analyses found it to be excluded. Green
areas indicate excluded regions, white regions indicate unexcluded regions.

to combine results from FeynHiggs and CPH in [24]. It is interesting to see that the

unexcluded regions increase substantially compared to Figure 9.3.

However, these results should be treated with caution. A thorough comparison be-
tween results obtained using FeynHiggs and CPsuperH would require a detailed knowl-
edge of both FeynHiggs and CPsuperH and take into account differences in higher order
contributions and parameter definitions. This is beyond the scope of the thesis. It is
also notable that the results using the approximate parameter conversion given by equa-
tion (9.1) (Figure 9.24) are more similar to the CPsuperH results (Figure 9.25) than the
results from using the more rigorous DR to on-shell conversion derived in Section 3.4
(Figure 9.23).

9.8 Conclusion

The topological cross-section limits provided by [24] can be used to calculate regions
of parameter space which have been excluded by LEP for models and scenarios that
differ from those investigated in dedicated analyses [24]. We have used these limits to

investigate the impact that our new branching ratio results have on the LEP exclusions
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in the CPX scenario. We have found that unexcluded regions remain and we have
investigated the dependence of these regions on various MSSM parameters. We have
discussed the impact of a new version of the program FeynHiggs, which has not yet been
made publicly available. In order to compare to the results of the dedicated analysis
of the CPX scenario in [24], we performed an on-shell to DR parameter conversion,
using the ‘full’ conversion outlined in Section 3.4 and the conversion originally used
in [24]. We have performed a preliminary combination of the results using the ‘full’
conversion and the results from the program CPsuperH, and the resultant plots show
enlarged unexcluded regions in comparison to [24]. We have discussed the limitations of
this comparison, which stem particularly from difficulties in performing the conversion

between parameters used in C'PsuperH and those used in FeynHiggs.



Chapter 10

The program HiggsBounds:
Comparing theoretical predictions

with limits from Higgs searches at
LEP and the Tevatron

In order to perform the analysis in the previous chapter, we implemented the ex-
pected and experimentally measured topological cross-section limits from the LEP Higgs
searches [24] into the fortran program HiggsBounds [29]'. This program takes theoretical
Higgs sector predictions as input, determines which channel has the highest exclusion
power at each parameter point and then compares the theoretical prediction in that

channel with the experimentally measured limit.

We have extended HiggsBounds to be applicable to models with an arbitrary number
of neutral Higgs bosons and we are including the new results from the Higgs searches at
the Tevatron collider as they are released. We currently have an online version of the

program available at the address
http://www.ippp.dur.ac.uk/HiggsBounds

and we will shortly be releasing a downloadable version of the code.

In this chapter, we discuss the additional features which we implemented in order to
take advantage of the limits provided by the Tevatron experiments. We will then discuss

a numerical example, using one of the MSSM benchmark scenarios.

1For other applications of preliminary versions of HiggsBounds, see [125,126].
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10.1 Using limits from the Tevatron

Higgs searches are currently being carried out at the Fermilab Tevatron Collider by the
DO and CDF Collaborations. These Collaborations regularly produce analyses of the
data with respect to the Standard Model Higgs and a few particular BSM scenarios.
(For a recent review, see [103].) However, in order to allow the results to be applied
to other scenarios, these documents also provide upper bounds on the cross-sections of

processes such as

—_

pp — hoW* — bbW= [127-129)

pp — hoZ — bbZ [130-132)

pp — hq — WHTW~ [133-136]

pp — hoW* — WHW-W=* [137,138]

pp — hy — 777 [104,105]

pp — hqa(b/b) — bb(b/b) [139-141]

pp — h,V', pp — h, or vector boson fusion, with h, — v [142,143]

pp — hgV — bbV with high missing transverse energy [144]

© 0 N o ool LN

pp — h,V, pp — h, or vector boson fusion, where h, is SM-like and decays
he — 7t7~ [145]

10. production and decay of a SM-like Higgs (combined D0 and CDF results) [146,147]

at 95% CL, where V = Z, W* and each process implicitly includes a hadronic remainder.
In practice, these results are presented either in terms of absolute cross-section limits,
cross-section limits which have been normalised to Standard Model values or limits on

tan 3 in a simplified Born level model.?

In order to take advantage of these limits, the program HiggsBounds contains internal
functions which have been fitted to up—to—date Standard Model Higgs sector predictions.
These include SM Higgs branching ratios for the processes

o H—b,H—71tr,H->WW~,H—ZZ, H— gg, H— vy

2We use tan 3 limits which have been derived under the assumption that the Higgs to b-quark coupling
in the real MSSM scales with tan 3, radiative corrections are absent, Br(H — bb) = 0.9 and the H
and A become degenerate. Therefore, it is trivial to extract the the original MSSM—to—SM cross-
section ratio, thus avoiding the need to calculate a SM cross-section which mimics the cuts used in
the analysis.
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and the total SM Higgs decay width, as provided by the program HDecay [108]. Hig-

gsBounds also contains functions fitted to the SM Higgs hadronic production cross-

sections®

e associated production pp — q7 — HW=* and pp — q¢ — HZ
e gluon fusion pp — g9 — H
e vector boson fusion pp — q¢ — qqH

e b-quark fusion pp — bb — H
HiggsBounds also requires SM Higgs hadronic cross-sections? for
o pp — (b/b)g — H(b/b)

without cuts and with cuts which mimic those used in the analysis [141].

In addition, HiggsBounds contains internal functions which are fitted to the SM
ratios®
o Ryt =o™M(pp — qigy — HW*) /o™ (pp — HWH)
Ryt = o™ (pp — qiq; — HW™) /oM (pp — HWH)
RS = o™M(pp — ;s — HZ) /o™ (pp — HZ)
o RY =o™(pp— g9 — H)/o™(pp — H)

o Ry =0 (pp — bb— H)/o™(pp — H)

where ¢;, ¢; denote the allowed combinations of quarks u, d, s, ¢, b.

These internal functions are used in conjunction with Higgs sector input from the
user. This input will contain the Higgs masses and some combination of normalised
effective Higgs couplings squared, Higgs branching ratios, normalised hadronic Higgs
production cross-sections and normalised partonic Higgs production cross-sections (see
HiggsBounds documentation for allowed combinations). We use ‘normalised’ here to
denote division by the equivalent SM result. The multiple input options are designed
to allow the program to be applied to a wide variety of models while still maintain-

ing convenient input modes for the most frequently used applications. However, note

30btained from the TeV4ALHC Higgs Working Group compilation, maintained by F. Maltoni, at
http://maltoni.home.cern.ch/maltoni/TeV4LHC/

4We use calculations by O. Brein, which are in agreement with [148,149]

5See previous footnote.
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that HiggsBounds can only be used if the narrow width approximation is applicable to
the Higgs production and decay process (see Appendix B) and the model under study
predicts SM-like rates for the background processes.

Limits which have been obtained by combining different search channels under the
assumption of SM-like Higgs are only applied to a particular parameter point if all the
relevant production cross-sections and branching ratios for that point are related to the
SM predictions by the same factor. However, we treat combined D0 and CDF limits on
a SM-like Higgs [146,147] as single pp — h, — W~ W channels above M,,, = 150 GeV,
since, to a good approximation, this is the only process which contributes to the limit

in this mass range.

If two Higgs particles are nearly degenerate, we add up their cross-sections in each
relevant Tevatron channel. By default, we combine the theoretical prediction for two
channels of the same type if the Higgs masses have a mass difference of less than Ampy =
10 GeV (although this quantity can be varied). This is particularly relevant for obtaining

exclusions in the MSSM parameter space at large tan 3.

We combine the LEP and Tevatron limits by searching for the LEP or Tevatron
channel which is predicted to have the highest statistical sensitivity. The theoretical
prediction is then compared to the experimentally measured cross-section limit for this
channel only, as before. In this way we maintain the correct statistical interpretation of
the limits at the 95% CL. At present, HiggsBounds considers (ng X 2 + n% x 9) LEP
channels (although not all of these channels will be kinematically allowed) and (ng x 23)
Tevatron channels, where ny is the number of neutral Higgs bosons in the model under

study.

10.2 Numerical results

In this section, we demonstrate the use of HiggsBounds in conjunction with theoretical

Higgs sector predictions from the program FeynHiggs [31,56-58] (version FH2.6.4).

We use the option in which the user provides the Higgs masses, branching ratios
and normalised effective couplings squared as input. We perform the calculation in the

my>* benchmark scenario [117], which we define as
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m*** benchmark scenario

Msysy = 1000 GeV, = 200 GeV, M; = My = 200 GeV, M3 =800 GeV

Xt = 2MSUSY7 At = Xt + ,u/ tanﬁ, my = 172.6 GeV

HiggsBounds uses the normalised effective couplings squared to find Higgs hadronic

production cross-sections via the relations:

o(pp = haW*) = o™ (pp — HWF)|gil [ ( Hw+ + Ripw+ + Rifw- + R?fw—)

= oM (p — HWS)|giww !, (10.1)

o(pp — hZ) = o™ (pp — HZ)|g;n ZZ|2< ' + Rif, + B, + Ri, + RY, )
= SM( pp — HZ)|gj, Zz|2 (10.2)
opp — ha) = o (pp— H) (I, P RY + g5 211 ) (10.3)
o(heviaVBF) = o™ (h, via VBF)|gsT 1|2, (10.4)
olop — halb/8) = ™(op — H(/5)lgi (10.5
Owitheuts (PP — ha(b/)) = O-\?vli\‘ghcuts( pp — H(b/b))| gyl (10.6)

Figure 10.1 (a) illustrates the processes with the highest statistical sensitivity in
the m™* benchmark scenario. There is a significant region where the LEP process
ete™ — h°Z — bbZ (M) has the highest statistical sensitivity at low-to-moderate values
of tan # and a narrow region at M4 ~ 90 GeV where the LEP process ete™ — hyhy, —
bbbb (M) has the highest statistical sensitivity. However, at high values of tan 3, the
plot is dominated by the Tevatron process pp — h, — 7777 ( ) [104,105]. Above
M, = 140 GeV, there is a large region in which the process pp — h, — WTW—(0O)
has the highest statistical sensitivity at moderate tan 3. The process pp — h,V —
bbV with missing Er (M) features in a thin region at tan 3 ~ 7, M4 > 130 GeV.

maxt parameter space which can be excluded by current limits from

Higgs searches at LEP and the Tevatron are shown in Figure 10.1 (b). Much of the
area below My ~ 90 GeV and the area below tan 3 ~ 5 — 10 can be excluded by LEP
results. There is also a substantial excluded region due to Tevatron limits on the process
pp — hy — 7777 () at large tan 3, which extends to tan 3 ~ 40 at M4 = 140 GeV. In

The regions of mj,
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process with highest stat. sens. exclusions
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Figure 10.1: Processes with the highest statistical sensitivity and regions excluded at 95%
CL in the mfaXJr benchmark scenario by the program HiggsBounds [29]. If the separation
in Higgs masses is less than AMpy = 10 GeV, the Tevatron cross-sections involving these
Higgs bosons are added. (a) The colour codings are: red = ete™ — h°Z — bbZ (W), blue =
ete™ — hghy — bbbb (M), green = pp — h,V — bbV with missing E (M), white = pp — hq —
WHW—(0), yellow = pp — hy — 7777 () (b)green = excluded, white = unexcluded

this part of parameter space, at least two neutral Higgs bosons have a mass difference
Ampyg < 10 GeV and therefore the theoretical predictions for these cross-sections are

combined.

Figure 10.2 demonstrates the excluded regions in the m}"** benchmark scenario for
the case where Tevatron cross-sections are not combined for similar masses. As we would

expect, the excluded region has reduced in size significantly.

10.3 Conclusion

We have described a new program HiggsBounds, which uses cross-section limits from
Higgs searches at both LEP and the Tevatron to determine which regions of parameter
space of a model with an arbitrary number of neutral Higgs bosons have already been
excluded at the 95% CL. As input, it requires theoretical predictions for the Higgs
sector. We have demonstrated some of the key features of HiggsBounds using the mj***
benchmark scenario and illustrated how a combination of LEP and Tevatron results can

be used to place substantial constraints on the available parameter space in this scenario.
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Figure 10.2: Regions of the m}"** benchmark scenario which are excluded at 95 % CL by
the program HiggsBounds [29] Cross-sections in channels with similar values of the Higgs mass
are not combined. (green = excluded, white = unexcluded)

Our code provides a quick and convenient way for phenomenologists and model-builders
to check whether a particular model or scenario has already been excluded by the Higgs

searches.

An online version of HiggsBounds has been made publicly available and a download-
able version will be released shortly. We intend to update the program frequently in

order to ensure that it continues to use the most up-to-date Tevatron limits.

The authors of the publicly available programs FeynHiggs [31,56-58] and DarkSUSY
[150] (which performs calculations of relic density and various signals for direct and
indirect searches, especially for supersymmetric dark matter) have expressed an interest
in using HiggsBounds in conjunction with their respective programs. We will also provide
an interface to the code CPsuperH [59].

HiggsBounds will be extended to include limits from Higgs searches at the LHC as

they become available.
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Conclusion

“Theory is a good thing but a good experiment lasts forever.”
— Peter Leonidovich Kapitsa 1894-1984

The two theories of Supersymmetry and the Higgs mechanism have widespread pop-
ularity throughout the particle physics community. So far, these theories have not been
confirmed by experiment, but neither has it been possible to rule them out. Over the
next few decades, we will be able to rigorously test these models at the Large Hadron
Collider and the International Linear Collider. This thesis deals with some of the phe-
nomenological issues associated with investigating an example involving aspects of both

theories — the Higgs sector of the complex Minimal Supersymmetric Standard Model.

After discussing the composition and renormalisation of the complex MSSM, we de-
rived the counter-terms necessary for the calculations in this thesis. We then reviewed
the status of the Higgs mass predictions and repeated the calculation of the neutral
Higgs self-energies at 1-loop order for the complex MSSM. We have derived a way to in-
corporate these self-energies into propagator corrections to processes with external Higgs
bosons, which is an extension of previously published results for the real MSSM. We have
developed a method which allows the inclusion of Higgs mixing with Goldstone bosons
and Z bosons into processes involving an external Higgs bosons, without inadvertently

introducing a gauge parameter dependence at the 1-loop level.

We have discussed some of the issues surrounding Standard Model and SUSY QCD

contributions to processes and explicitly checked that the way in which the resummation

159



Conclusion 160

of the SUSY QCD corrections is performed is fully consistent with the inclusion of

complex phases.

We have calculated the full 1-loop vertex corrections within the Feynman-diagrammatic
approach for the process h, — hyh,., taking into account the dependence on all complex
phases of the supersymmetric parameters and the full momentum dependence. These
results will be included in the publicly available program FeynHiggs [31,56-58]. We have
included the full propagator corrections, using neutral Higgs self-energies as provided
by FeynHiggs, and we have consistently included 1-loop mixing with the Z boson and
the unphysical Goldstone-boson degree of freedom. Our results are currently the most

precise predictions for the h, — hyh. decay width.

We have found that the genuine vertex corrections to the triple Higgs vertex are
numerically very important. Their inclusion changes the predictions for the decay widths
drastically as compared to an approximation based solely on propagator-type corrections.
Using the leading Yukawa contributions yields a prediction for the decay width which
is closer to the full result, but we still find deviations of ~ 27% in the example of the
CPX parameter space at tan 3 ~ 8, My, ~ 30 GeV.

We have also presented two effective coupling approximations in the complex MSSM.
The Yukawa approximation includes all leading corrections and can be expressed in a
very compact form, thus providing a convenient way to go beyond the tree level vertex
contributions. The effective coupling created from the full fermion/sfermion vertex cor-
rections at zero incoming momentum is a more sophisticated effective coupling approx-
imation. These effective couplings can be used for determining accurate cross-sections
for processes such as ete”™ — h1Z — hihiZ at the ILC, which provide a way to di-
rectly access the Higgs self-couplings and thus investigate a crucial element of the Higgs

mechanism.

We also have presented the full 1-loop electroweak vertex corrections to the h, — ff
decay width in the complex MSSM, including full phase dependence, a result which has
not been previously available in the literature. These contributions will be incorporated
into the program FeynHiggs. We have supplemented these new corrections with 1-loop
QED and SM QCD corrections, resummed SUSY QCD contributions, propagator correc-
tions calculated using neutral Higgs self-energies from FeynHiggs, and 1-loop propagator

mixing with Goldstone bosons and Z bosons.

Using these decay widths in conjunction with the topological cross section limits

from the LEP Higgs searches, we were able to investigate the effect of the new vertex
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contributions on the exclusions in the CPX benchmark scenario. Of particular interest
was the region 30 GeV S M, S 50 GeV, 3 S tanf S 10, which previous analyses
had not been able to exclude, despite the relatively low values of M), involved. Since
the coupling of the lightest Higgs to the Z bosons is suppressed in much of this region,
processes involving the second heaviest Higgs or the heaviest Higgs are important. Across
the majority of this region, the hy — hih; decay is dominant and therefore a precise
theory prediction for this decay width is crucial for confirming the existence of the

unexcluded area and mapping out its extent.

We have also investigated the dependence of these regions on various MSSM param-
eters and investigated the impact of a new version of the program FeynHiggs, which
has not yet been made publicly available. We performed on-shell to DR parameter con-
versions in order to carry out a preliminary comparison with exclusions obtained using
the publicly available program CPsuperH [59]. Although both analyses confirmed the
existence of unexcluded regions in similar parts of CPX parameter space, the extent of
these regions varied. The unexcluded parameter region with a very light Higgs bosons
will be difficult to cover with the Higgs searches at the LHC [89,151,152] (see also [153]
for a recent study) but can be thoroughly investigated at the ILC [90].

In order to facilitate the use of LEP results in conjunction with new Higgs sector
results, we created a new fortran program, HiggsBounds [29]. We have extended it to
apply to models containing an arbitrary number of neutral Higgs bosons and we have
incorporated the preliminary results from the Tevatron Higgs searches. This program
allows the easy comparison of models outside the usual benchmark scenarios with current
Higgs search data. We will continue to update HiggsBounds to include the most recent

Tevatron results and we will include limits from the LHC as they become available.
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Scalar Integrals

Although we will use the program Loop Tools [45] in general to perform the loop integrals,
some situations will require explicit expressions in special limits, such as the case where
the external momenta is put to zero. Also, simplified expressions for the loop integrals
can be very useful when manipulating algebraic expressions obtained from Feynman-
diagrammatic calculations or isolating leading terms, such as when investigating the

structure of Amg.

If the external momenta are put to zero, scalar integrals can be decomposed into Ag
integrals. The solution to Ay is found (using the procedure outlined in detail in [46]) to
be

4—D
agfm?y = BT / "4 :

im2 —m?2 + e
5\ 2ot
_ o m 2 2—D
=t (ms) T
2
= m? (A—log <%)+1)+O(D—4) (A.1)

where A = ﬁ = vg + log(4m), yg = 0.57721... is the Euler-Mascheroni constant and

['(x) is the gamma function.
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We will require the 2-point, 3-point, 4-point and 5-point integrals, which are defined

as
Bof0, m2, m?) (A2)
— (271—1“)4_D /qu 1
im? (¢? —md +ie)(q? — m? + ie)

Co(0,0,0,mg, m3, m3) (A-3)
1 1
“irz ) @ —m+ie) (@ — mE +ie) (@@ — m2 + ie)
D0(07070707m(2)7m%7m§7m§> (A4)
1 D 1
im? 1 (¢ — md +ie)(q? — m? + i€)(q*> — m3 + i€)(¢> — m3 + ie)
Eo(0,0,0,0,0,mg, m3, ms, mj, m3) (A-5)
— 1 dPq 1

im? (¢? — md +i€)(q® — mi} + i€)(q> — m3 + ie)(¢> — m3 + ie)(¢® — m3 + i)

where the momenta of the external particles are zero and mg, m1, mq, ms, my4 are masses
of internal particles. Note that since all the momenta are the same, the order of the
masses is irrelevant. Explicit solutions for the 2-point and 3-point functions for the case

with general momenta dependence can be found in [46].

For the case where all the internal particles have the same mass, we use partial

differentiation in order to arrive at the expressions

6A0 (a) _ AO (CI,)

By (0,a,a) = 90 P 1 (A.6)
Cv(0,0,0,a,a,a) = %(92?22(60 = ;—i (A.7)

Dy (0,0,0,0,a,a,a,a) = %ai"gsga) - é (A.8)
Ey(0,0,0,0,0,a,a,a,a,a) = iﬁﬁtAO(@) ! (A.9)

24 dat 4843

We can find the other By, Cy, Dy integrals by using partial fraction decomposition
into integrals of type Ao, By (0,a,a),Cy(0,0,0,a,a,a). For the 2-point function, this

gives

1

BO(()?avb) = a—b

(Ao(a) — Ao(b)) (A.10)
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For the 3-point function, we find

1 bAg(a) — ado(b
Co(0,0,0,0,0,8) = ——— — OS(L,))_ZPO() (A1)

€0(0.0.0.0,5,¢) = = C)AO(a()aJr—(lC))zaazfi(;((z)jc()a — (A.12)

These 3-point expressions are particularly important for our purposes as this limit is
not covered by LoopTools [45] and they will be required in order to get numerical results
when calculating momentum independent approximations to the triple Higgs vertex.
They will also be used to simplify the algebraic expressions for the Higgs self-energies in

the Yukawa approximation and the triple Higgs vertex in the Yukawa approximation.

This method can be easily extended to calculate all the Dy, Ey integrals at zero

incoming momenta. However, for the purposes of this thesis, we will only require

Dy (0,0,0,0,a,a,a,b)
a* — 2A0(b)a — b* + 20A0(a)

— Al
2a(a — b)3 (A.13)

Ey(0,0,0,0,0,a,a,a,b,b)

_ b(=5a® +4ba + %) — 2b(a + 2b)A0(a) + 2a(a + 2b)A0(D) (A14)

2a(a — b)*b

as these will be used when simplifying the algebraic expressions for the triple Higgs

vertex in the Yukawa approximation.

We will also use

By (a,0,a) = By(0,a,a)+2 (A.15)
By (a,0,a) = %(C]L(a) (A.16)

where Bj is defined through

2mp)=P q
B, (p.ml.m?) — (7/050 1 AT
w (B g, 717) in? Comriar g M
= p/JBl (p2, mg, m%) (A18>

These were found using the procedure outlined in [46]. They will be used to calculate

diagrams involving gluons in Section 3.3.1 and Section 3.4.
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Other expressions for tensor integrals which were used when, for example, checking
relations between Yy, ¢, Xp,z, can be found in [46] and in the Mathematica file btensor.m,

which is supplied with the program FormCalc [43,45].



Appendix B

Narrow-width approximation

The narrow width approximation is commonly used to separate a process involving an
internal propagator with a pole at ¢> = M? — iMT into two parts—one involving the
production of the internal particle and one involving its decay. These parts can then be

calculated independently.

The approximation requires that I' < M, that the centre-of-mass energy s of the
full process is above the on-shell threshold for all particles involved in the ‘production’
part of the process and that the mass of the internal particle is sufficiently above the
sum of the mass of its decay products. There should be no significant interference with

non-resonant processes (as discussed in [154, 155]).

In these circumstances and using an arbitrary scalar process involving an internal

propagator as an example, the cross section for the full process o can be written as [156]

- / (@) M2)12 T (MT)? (Vaoula?)) (B-1)

Tmin

where 0,(q?) refers to the part of the process which produces the internal particle at
momentum ¢? and o4(q?) refers to the part of the process in which the internal particle
at momentum ¢2 decays i.e. o4(¢?) is the off-shell decay width. The Breit-Wigner shape,
m is the modulus squared of the internal propagator. For the narrow width
approximation to hold, ¢2;, should be less than the centre-of-mass energy that would
be required to produce all the final state particles on-shell ¢f ;.0 Minus a few decay
widths and ¢2, should be greater than the actual centre-of-mass energy of the process

plus a few decay widths.
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AsT — 0,

1 T 9 9
@ e ~ ot M) (B:2)

Therefore, in this limit, the o, and o4 can be calculated entirely on-shell, i.e. at
¢> = M?, such that that the full cross section under the narrow-width approximation

becomes

on—shell
oNw = O_(;n—shell d :O'OH_SheHBI' (B?))

_ = ;
For example, an important process at LEP was ete” — HZ — bbZ. Under the
narrow-width approximation, the full cross section could be approximated by

onw (ete” = Z) = o™, Br(H — bb) (B.4)

e-—HZ

which is much simpler to calculate than the full 2-to-3 process.

If the conditions for the narrow width approximation are not met, it may still be
possible to find an approximation that avoids calculating the entire production and
decay process simultaneously. Examples of finite-width approximations can be found
in [155] and [51].
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